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Induction motors have found wide application in industry due to its excellent
robustness and low maintenance. A recent application area of Induction motors
is the rapidly emerging Electric vehicle industry. This dissertation has been
prepared with a view to develop a Robust control strategy for an induction
motor that can drive a tractive load such as a single wheel of a 4 wheel driven
electric vehicle driven by battery. Vector Control of Induction motors are prone
to parameter variations that depend on operating conditions. Such variation
poses challenges in the control mechanism as parametric variation directly
affects system performance. This problem needs to be addressed if a tractive
load is to be driven. This work presents Indirect Field Oriented Control as a
powerful Control technique and identifies it as a cascaded system with two
loops. The outer speed control loop has a PI controller that processes the error
signal between a reference speed and the actual speed. This PI controller has
been tuned in order to provide efficient and effective tracking of reference
speed. For this purpose Field Oriented Control structure has been presented as a
block diagram and subjected to block diagram techniques and subsequent
Model Order Reduction Techniques to obtain a first order system. To this First
order system, Linear Quadratic Regulator based Optimal Controller is designed.
In order that the motor provides desirable response in spite of parametric
variations, bounded parametric uncertainties are presented as an interval system
and then a Robust Controller is designed for the interval system. Finally the
entire study is analyzed through credible Real Time simulation using Opal RT
OP 4500.

Keywords: Induction Motor, Vector Control, Optimal Control, Robust Control, Linear
Quadratic Regulator (LQR), Opal RT OP 4500.
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Chapter 1

Introduction

1.0 Introduction

Induction motors have gained popularity in industrial applications and elsewhere due to

their high reliability, reduced power consumption, lower maintenance cost, reduced

electromagnetic radiation and most importantly, higher efficiency. A host of factors like

nonlinearity arising out of saturation, parametric variation due to factors like temperature

rise and complex dynamics make their application difficult. As a result, control

techniques for induction motors have become increasingly complex while the motor

control industry becomes more and more competitive.

The present dissertation attempts to develop a local control loop for controlling the speed

of an induction motor driving a tractive load such as a single wheel of a 4 wheel driven

electric vehicle driven by battery. The control scheme assumes load variations which

cause sudden application of torque, for example, while negotiating a bump or a slope. The

need for an optimal controller arises because of the need to restrict the current drawn from

the battery  as input to the motor. The relevant established technology modules that can

be used for achieving these goals are first introduced in this dissertation and than verified

through credible real-time simulation.

While established techniques in optimal control produce acceptable solutions [1] that

guarantee acceptable stability robustness, it is equally important to ensure commensurate

parametric robustness. This dissertation explores the feasibility of application of interval

techniques to achieve a control solution that couples the advantages of an optimal

controller with added parametric robustness.

1.1 Literature Survey and Options

Of the various control strategies available, Field Oriented Control provides high

performance control and enables independent control of flux and torque. Field Oriented

Control was first proposed by Technical University Darmstadt's K. Hasse and Siemens' F.

Blaschke in the year 1968. In 1970, Hasse proposed Indirect Vector Control and Blaschke

proposed Direct Vector Control. This work was further developed by Technical



Chapter 1: Introduction

Page | 2

University Braunschweig's Werner Leonhard and as a result, ac drives could now give

competition to dc drives [2].

Previous to Vector Control, other methods that existed for control of asynchronous

machines can be termed collectively as scalar control. Scalar control of induction

machines provided good steady state response, but failed to provide satisfactory dynamic

response [3]. Scalar control uses only the magnitude and frequency of stator phase

current, but does not consider the phase. As a result, phase and magnitudes of air gap flux

deviate from their set values. Vector Control provides phase, frequency and magnitude

control of currents. As this control is achieved in field coordinates, it is known as Field

Oriented Control. Since this method of control is actually phasor control of flux linkages

pertaining to the rotor, it is also called Vector Control.

The works of Robert H. Park in 1929 (Parks Transformation) enable transformation of a

set of linear differential equations for any electric machine from a time varying

coefficient to a time invariant coefficient. This greatly helped in understanding of the

concepts of Field Oriented Control. Basically Vector Control represents an induction

motor in a manner similar to a dc motor. Here, the field flux and armature flux produced

by the field poles and the armature currents respectively, act orthogonally and therefore

enable control of field flux and torque irrespective of each other i.e. independent control

of field and torque is achieved. Vector Control can be of two types.

1. Direct Vector Control - Here, the desired flux is obtained directly by the use of some

sense coils or, is calculated from voltage and current measurements at the terminals.

Since it is not practically possible to directly obtain flux position, the rotor flux

oriented system has to be designed such that it can calculate, compute and estimate

the desired values from a directly sensed signal [4].

2. Indirect Vector Control – This method aims at calculating the flux positions by using

the slip relation. Here, the rotor position is sensed and the flux and torque commands

are generated. From these commands, the slip is calculated. Finally the flux position

is obtained from this slip [4]. Indirect Field Oriented Control can be designed using

any one of the three flux orientations, namely the stator, rotor and the air gap flux.

Out of these the rotor flux orientation is widely accepted due to its simplicity.
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Indirect Field Oriented Control provides several advantages over Direct Field Oriented

Control (DFOC) and is as follows:

1. It does not suffer from inherent low speed problems and thus can be used for all such

purposes where near zero speed operation is essential [4].

2. This method avoids the requirements of flux acquisition by using known machine

parameters [4].

3. Minimization of the number of transducers and feedback loops. [5]

The advantages above make Indirect Field Oriented Control simpler and hence it is

widely used over Direct Field Oriented Control.

In order to implement the vector control of induction machines, it is important to first

develop dynamic model of an induction motor in the stationary reference frame. The

works of Edith Clarke (Clarkes Transformation) is used for required transformations that

convert the three phase quantities into two phase stationary quantities. Kron’s Primitive

Model representation, along with Clarkes Transformation and Parks’ Transformation

forms a basis for developing the dynamic model of an induction motor.  Vector controller

for the machine is developed in synchronously rotating reference frame and all quantities

have to be converted to synchronous frame using suitable transformations. This has been

described extensively in [6]

Block diagram for the entire plant consisting of the induction machine along with the

Field Oriented Controller has been presented in [3].  Field oriented control is a control

structure comprising of two loops. The inner loop is the current control loop and the outer

loop is the speed control loop [7]. The function of the inner current control loop is to

provide efficient tracking of the motor current. The motor current is made to track the

reference current. The outer speed loop provides efficient tracking of speed such that the

motor can track and follow any speed input applied as a reference. The dynamics of the

two loops vary such that the inner loop is much faster than the outer one. Thus while

designing the inner current loop, the dynamics of the speed control loop can be neglected

and suitable controllers for this loop can be designed. But since the inner control loop of

the vector controlled induction machine is a MIMO structure, it becomes quite difficult to

design the controllers for this inner loop with conventional methods [8]. Classical control

strategies that include PI/PID controller tuning has been effectively used in this regard. L.

Umanand in [8] have presented the induction motor drive system as a linear quadratic
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(LQ) tracker problem as an output feedback. In this paper, a current controller is designed

for torque dynamics and for this controller, digital control has been adopted. In [9], the

objective of decoupled controller for high speed operation has been worked upon by

Jinhwan Jung et.al. Debayan Bose in his master’s thesis analysed and designed the inner

current control loop using Relative Gain Array (RGA) [10].

While designing the speed control loop, the conventional PI controllers are used. The

integral component ensures minimal or zero deviation of the actual speed from the

reference speed. In [11], Speed controller for the outer speed control loop has been

designed with anti-windup scheme using conditional integration method. In [12] a sliding

mode controller has been designed for the outer speed control loop for FOC. In order to

implement any control strategy for designing the outer speed loop, the essential

prerequisite is to develop corresponding suitable dynamic equations that represent the

entire system including the motor and controller. This has been demonstrated in [3] by

which the entire block diagram can be effectively reduced to a second order system.

Design of suitable PI controllers has also been demonstrated in the book but such a

controller does not guarantee optimal control of the system.

System order reduction techniques where a system of any order can be reduced to a lower

order system can be found in extensive tutorials on Model Order Reduction.  Dr. S.

Janardhanan in his tutorial [13] demonstrates some methods on model order reduction.

Davison method of model order reduction, Chidambara model and his suboptimal control

and Marshall technique are few such methods. Use of aggregation methods in model

order reduction ensures efficient reduction in system order [13]. Aggregation methods

were initially developed in economics literature to address the appropriateness of the

analogy between microeconomic and macroeconomic relationships. It was Aoki who first

proposed aggregation in control systems [13]. Later, modal aggregation techniques were

developed. A more popular method in model order reduction is ‘Aggregation by

continued fraction method’, introduced first by Chen and Shieh. Later this method was

extended by many others.

Induction machines provide many advantages over their dc counterparts but suffer from

one major problem. i.e. bounded uncertainty or parametric sensitivity. Due to various

operating conditions and external factors, parameters of an induction motor are subject to

change. Operating conditions that affect parameters of a machine include temperature rise
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and saturation [3]. External factors include occurrences of inappropriate instrumentation

of parameters in vector controller. Some operating conditions that induce parametric

uncertainties are controllable, but external factors are beyond control. The result is

coupling between the flux and torque components of the machine and a nonlinear

relationship between reference torque and actual torque. Also, a change in machine

parameters affects the total system comprising of the motor and the controller. The

resulting transfer function obtained after suitable block diagram reduction and model

order reduction depends on the machine parameters. Therefore a change in machine

parameters causes a change in the transfer function. The transfer function obtained

represents the entire system and the optimal controller for the outer speed loop is

designed on this mathematical representation. Therefore any change in transfer function

might cause the designed controller to fail to maintain optimal stability of the system.

Therefore the need arises to develop a robust controller that can handle such bounded

uncertainties and maintain optimal control of the outer speed loop. Interval mathematics

has been developed to handle such uncertainties. Ramon E. Moore et. al [14] in their

book present detailed analysis of interval mathematics. Here, upper bounds and lower

bounds are considered for all such parameters which vary. The upper bound denotes the

maximum value with maximum variation, while the lower bound shows the minimum

value with minimum variation. For this purpose, INTLAB [15] has been developed which

can be used as a toolbox with MATLAB. INTLAB performs mathematical calculations

based on intervals and provides results in terms of bounded interval sets. Thus INTLAB

can be effectively used for design of robust controllers.

Design of robust PI controllers for suspension systems with parametric uncertainty have

been presented by Rahul Mittal in [16]. Here, graphical methods for computing PI

controller parameters for various gain margin and phase margins have been used. But this

approach does not use interval mathematics for controller design. Milan Hladik et.al in

their work [17] have discussed about symmetric and unsymmetric interval matrices and

deduced theorems for bounds on interval matrices. These results can be applied in control

theory to design robust controllers that can guarantee optimal control over an interval

given by interval matrices. This has been established in [18] where an optimal PID

controller has been designed for a PHWR with parametric uncertainties. In [18], a

nominal system is first deduced for a PHWR from corresponding dynamic equations and

then an optimal controller has been designed for this nominal system. Next, bounded
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parametric uncertainties have been introduced and the effect of such variations has been

represented in the form of interval matrices. Now, the controller gain for the nominal

system is used and suitable calculations are made to find Q and P matrices according to

LQR method given by J. B. He et. al. [19]. The theorems of [17] are then used to prove

that the controller guarantees optimality throughout the interval.

Since the advent of modern computers, simulation tools have been widely used by

technologists to design, analyse and modify physical systems according to specific

requirements. With the development of high end computing technologies, simulation

tools have seen marked improvement in terms of performance, and have dramatically

decreased in cost. This has increased acceptance of simulation tools as they can now be

used by more and more researchers. Real time simulation has now been developed which

provide marked improvement in performance and speed. In offline simulation, the

computation time may be shorter or longer than the fixed time step. [20] A real time

simulator computes the mathematical operations and produces the internal variables and

outputs of the simulation within a similar length of time that would have been produced

by its corresponding physical system. Here, the time required to compute a mathematical

operation needs to be shorter than the actual wall clock duration of the time step. Any idle

time after computation is over for the time step, is lost in real time simulation. Finally the

duration of simulation is exactly equal to real wall clock, as would have been given by

the actual process. State of the art simulators can perform various type of simulations.

Some such simulation techniques are Hardware In the Loop (HIL), Software In the Loop

(SIL), and Rapid Control Prototyping (RCP). In HIL, a physical controller is connected to

a virtual plant and the virtual plant is simulated in real time simulators. SIL simulation is

carried out by designing both the plant and the controller in the same real time simulator.

SIL provides an advantage over other simulations as here, no inputs and outputs are used

and signal integrity is maintained.  RCP simulations consist of a controller simulated in a

real time simulator, and connected to a physical plant. These different types of

simulations provide various advantages. Controllers can be tested without connecting

them to real plants and thus can be designed even before the actual plant has been set up.

This method ensures safety of the plant in case the controller fails to provide desired

response. Plants and controllers both can be simulated and tested before they are

physically built. Various real time simulators have evolved, of which OPAL –RT series

simulators need special mention. OPAL RT OP 4500 comes with a powerful processor



Chapter 1: Introduction

Page | 7

Intel 4 core CPU and can perform simulations at step size of a few nanoseconds.  OPAL

RT real time simulator has several advantages

 Has an advanced powerful new generation processor that is capable of executing

high performance simulations.

 OPAL RT has FPGA chips that can perform simulations at very small time steps, of

the order of a few nanoseconds.

 It can be applied for Hardware In the Loop (HIL), Software In the Loop (SIL), and

Rapid Control Prototyping (RCP) simulations.

As real time simulation is executed according to real physical clock, complex and

rigorous simulations can be carried out much faster

1.2 Objective of the Thesis:

Field oriented control is an effective and widely accepted vector control strategy of

induction machine. Such control is essentially a cascaded control where there are two

loops -The inner current loop and the outer speed loop. The inner current loop is much

faster in dynamics than the outer speed loop and therefore the current loop can be

designed without considering the speed loop. The design of controllers for the inner

speed loop has been taken up in [10]. The design of the PI controllers for the outer speed

loop has been given by various other researchers. Some of them ensure robust control

with parametric sensitivity.

The objective of this thesis is to design PI controllers for the outer speed loop such that

two aims are achieved.

 First, the controller should ensure efficient tracking of the reference speed by the

actual speed.

 Secondly, the controller should guarantee optimal performance throughout the

interval of bounded parametric uncertainties. i.e. the controller should be robust, such

that parametric uncertainties can be handled by it.
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The conditions of maximum temperature rise and operating zones of the machine have

been considered here and the effects of these two on the machine parameters have been

represented by interval mathematics. Next, a robust optimal controller using Linear

Quadratic Regulator (LQR) technique has been taken up for the controller design. The

final outcome is an optimal controller that is robust throughout the range of the interval

matrix for parametric uncertainty

1.3 Outline of the thesis:

The thesis consists of 5 chapters. Results and Discussion have been provided with each

chapter and section as deemed necessary. Therefore this dissertation does not contain a

separate chapter on results and discussions:

 Chapter 1: This chapter introduces the dissertation and provides extensive discussion

on the literature survey as a prerequisite to this work. Literature survey is followed

by objective of the thesis where the aim of this work is presented.

 Chapter 2: Second chapter of the thesis deals with dynamic modelling of an

induction machine and discusses some elementary related concepts. This chapter is

subdivided into two sections.

2.0 The first section introduces local loop control of induction machines.

2.1 The second section discusses the basic enabling concepts that are a pre-requisite

for Field Oriented Control and thereafter, demonstrates the dynamic modelling of

an induction motor in the stationary reference frame and presents the response

curves of the various performance parameters through the use of

MATLAB/Simulink. Mathematical relations are also derived and presented.

 Chapter 3: Third chapter of this thesis introduces Field Oriented Control and

extensively discusses implementation of IFOC in induction machines. Finally with

the help of Block Diagram Reduction and Model Order Reduction techniques, a

corresponding first order system is obtained that represent the IFOC structure.

3.0 This section introduces Field oriented Control.
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3.1 The second section of this chapter presents Theory and Structure of IFOC. All

necessary mathematical derivations are explained and discussed.

3.2 Third section of the third chapter briefly presents Pulse Width Modulation (PWM)

and Sinusoidal PWM technique

3.3 Fourth section of this chapter presents Simulation of IFOC, produces the results

obtained and offers a discussion on the results.

3.4 The entire IFOC structure is identified as an integrated Block diagram and

thereafter, Block Diagram Reduction Techniques are applied and finally this

section presents a reduced form of the entire IFOC structure as a second order

system.

3.5 The last section of the third chapter discusses Model Order Reduction techniques

and applies such techniques to obtain the IFOC structure as a reduced first order

system.

 Chapter 4: This chapter presents the design of an Optimal Controller for the nominal

system. Optimal Control concepts are presented and then design and implementation

of the controller is discussed. This chapter has the following sections:

4.1 The first section introduces Optimal control.

4.2 This section discusses Optimal Control and the LQR problem. Basic theory on

performance indices and Algebraic Ricatti Equation are presented.

4.3 Controller design is discussed in this section of the third chapter. Using the

concepts and theory of the previous section, an Optimal Controller is designed

using LQP technique. Derivations and implementation is presented and finally,

the controller gains are obtained through the use of MATLAB/Simulink.

4.4 This section concludes chapter 3 and presents the MATLAB Simulations and

discusses the results obtained. For this purpose, the designed controller is added to

the first order nominal system and responses are studied. Later, the controller is

added to the original simulation and the results are studied. This is followed by a

discussion

 Chapter 5: Parametric Robustness is studied in this chapter and the entire IFOC

system is identified as an Interval system. Thereafter, INTLAB is introduced and an

interval system is obtained. This chapter has the following sections:
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5.0 The first section introduces bounded parametric uncertainties and robust control

along with discussions on Interval Laboratory.

5.1 The second section presents theories on bounded parametric uncertainties and

discusses the types of bounded parametric uncertainties- temperature rise and

saturation as has been considered in this dissertation.

5.2 This section provides theories and concepts on Interval mathematics and

INTLAB, a toolbox that can be used with MATLAB. Finally a reduced order

transfer function considering parametric variation is presented.

5.3 Design of a robust control is presented in this section. First the theory of robust

control is discussed and then the results of implementation of such a controller

with the use of INTLAB/MATLAB are provided. Finally robustness of the

designed controller is verified.

5.4 Results of using the Robust controller with the IFOC structure is studied through

Matlab and discussions are presented on the results.

 Chapter 6: The 5th chapter presents an overview of Real Time Simulation using Opal

Rt OP 4500. This chapter has the following sections:

6.0 An overview of Real Time Simulation is presented in this section

6.1 An overview of Real Time Simulation is presented in this section

6.2 Various types of simulation like RCP, HIL and SIL are discussed in

this section of chapter 5.

6.3 The third section of the 5th chapter provides a brief description of the

state of the art Real Time Simulator Opal Rt OP 4500.

6.4 Simulation using Opal Rt OP 4500 is presented in this section along

with the results.

6.5 The last section of this thesis presents discussion on the results obtained

 Chapter 7: The last chapter of the dissertation provides concluding remarks for the

entire dissertation along with scope of future work.
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CHAPTER 2

Enabling Concepts and Modeling

In this Chapter the basic enabling concepts associated with control of an Induction Motor for

a variable speed-torque scenario are first introduced . These concepts are then used to present

a model of an Indcution Motor which is verified with credible simulation.

2.0 Introduction:

In 1920 Park formulated a change of variables concept, which brought revolutionary changes

in electric machine analysis. Parks Transformation has a unique property of removing all time

varying inductances that are present in voltage equation of synchronous machines. Such time

varying inductances occur due to

1. Relative motion of electric circuits.

2. Variable magnetic reluctance of electric circuits. [21]

In 1930s, H.C. Stanley formulated a change of variables for analysis of induction machines.

He concluded that all time varying inductances could be effectively eliminated by

transforming the variables associated with the rotor windings, to variables that are associated

with any fictitious stationary winding. According to Stanley, the rotor variables are

transformer transformed to frame that is fixed on the rotor. Later, Kron introduced a change of

variables by which all stator and rotor variables could be transformed to a reference frame that

rotates with synchronous speed with the rotating magnetic field.  This is commonly known as

the “synchronous reference frame”. This work was in reference to symmetrical induction

machines [21].

Later, D.S. Brereton formulated another scheme of change of variables by which all stator

variables could be transformed along a reference frame fixed to the rotor. This was Parks

Transformation applied to induction machines.

Brereton, Kron and Clarkes work laid the path to study dynamic equations of induction

machines. A dynamic model of induction machine is useful to study dynamic response of

induction machines, can be used as a teaching tool in electric machine and power electronic

courses and can be used in various motor control techniques [22]. In this work, a D-Q or
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dynamic model of an induction motor in the stationary reference frame has been made and

necessary assumptions are made.

2.1 D-Q modelling of Induction motor and simulation:

The simplified per phase equivalent circuit representation of Induction machines is helpful in

the analysis of steady state response, but fails to provide effective insight into dynamic

response. Therefore in order to study dynamic analysis of machines, a dynamic model is a

necessity.

Now, as we transform balanced three phase currents to balanced two phase currents, tit is seen

that the mmf produced by both the systems is identical. Also, the transformations are made

such that per phase impedances are also same. Thus, the constants per phase for an equivalent

2 phase induction machine can be obtained from the study and conducted on three phase

induction machine.  Therefore it can be concluded that a three phase induction machine can

be studied on a two phase induction machine and can be transformed back to a three phase

induction machine [4]. Before this transformation is carried out, a discussion on reference

frame transformation is presented.

2.2 a) Reference Frame Theory and Transformations:

Dynamic modelling of induction motor can carried out in a synchronously rotating reference

frame (as proposed by Park), or in stationary reference frame as proposed by Stanley, or in a

reference frame that rotates at any arbitrary speed, i.e. the arbitrary reference frame as

proposed by Krause [21]. Therefore before a dynamic model and its derivations and

calculations are presented, it is essential to have discussions on the various Transformations.

1. Clarkes’ Transformation (( s sd q ) Transform):

Clarkes Transform converts all quantities in three phase reference frames to quantities in two

axis orthogonal reference frame as shown in figure 1. Here a 3 phase system of currents have

been represented as phases a, b and c that are 120 degrees apart from each other. This
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stationary three phase system on the left is transformed to a stationary two phase reference

frame ( s sd q ). Here, sId is considered to be aligned along Ia . sIdand
sIq are of same

magnitude. The relation between the two reference frames that follow is valid for both

voltages and currents.

Figure 1) Clarkes Transform from three phase to two phase.

Figure 2. a) Three phase voltage waveforms
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Figure- 2. b) Two phase voltage waveforms

The transformation of three phase balanced system of currents to a two phase system can be

obtained with the following relation-

1 11 - -2 2 Vs aV 2 3 3d = 0 - Vs b2 23Vq
1 1 1 Vc
2 2 2

 
   

     
                 

 

(2.1)

Transformation from a two phase system to a three phase system can be carried out by having

inverse of the transformation matrix and the final relation can be obtained as:

V a
Vb
Vc

 
 
  
 

=

1 0 1

1 3- 12 2

1 3- - 12 2

 
 
 
 
 
 
 

sVd
sVq

V0

 
 
 
 
 

(2.2)

Here, 0V =
1

(V V V )
3 a cb  which is the zero sequence component of voltage.
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2. Park’s Transformation (( ed - eq ) transform:

Parks Transformation transforms three phase quantities lying in a stationary reference frame

(a, b, c) to two phase quantities in a rotating reference frame ( ed - eq ). The equations that lead

to Parks Transformation are given as:

0

2π 2π
cosθ cos(θ - ) cos(θ + )e e ee 3 3V Vad

2 2π 2πeV = -sinθ -sin(θ - ) -sin(θ + ) Vq e e e b3 3 3
V V1 / 2 1 / 2 1 / 2 c

 
                         
 

(2.3)

Here, e is the angle between the two reference frames. i.e. the rotating reference frame makes

an angle e with the stationary reference frame at each instant.

Inverse of Parks transform converts a two phase rotating system to a three phase system and

the corresponding equation is:

ecosθ -sinθ 1e e VV da
2π 2π eV = cos(θ - ) -sin(θ - ) 1 Ve e qb 3 3 eVV 2π 2πc 0cos(θ + ) -sin(θ + ) 1e e3 3

 
                            
 

(2.4)

The figure above in 3 shows Parks Transformation. The component 0V is the same as that

used for Clarkes Transform.
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Figure 3- Parks Transformation (Three phase to Two phase Rotating Reference Frame)

2.2b Dynamic Modelling of Induction motor:

Before a dynamic model for an induction motor is presented n detail, it is necessary discuss

some of  the assumptions that have been used for the derivations [6].

i. Mmf distribution along periphery of air gap is assumed to be sinusoidal. Thus space

harmonics are efffectively neglected. The effects of space harmonics on torque and

induced voltages are therefore not taken into consideration.

ii. Hysterisis and saturation are not considered. Therefore, the concept of linear coupled

circuit theory is considered valid.

iii. We have assumed the mutual inductances to be equal.

iv. There is no consideration of slots causing variation of inductances with relative

movement between stator and rotor. Therefore to conclude, the self and mutual

inductances vary sinusoidally as the rotor rotates.

Considering the above assumptions, dynamic modelling has been caried out for an induction

motor and has been presented in the subsequent section.
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Aleck W. Leedy in [20] has presented a dynamic model of an induction motor in the rotating

reference frame. But for this thesis, a stationary reference frame has been chosen to represent

the dynamic equations of the machine.

The voltage equations for the Stator d and q axis has been given by [4]:

ds s sV = R i + ψsds ds dsdt
(2.5)

And,

ds s sV = R i + ψqs s qs qsdt
(2.6)

Similarly the voltage equations for the rotor d and q axis have been given by [4] as follows:

ds s s sV = R i + ψ + ω ψr r qrdr dr drdt
(2.7)

And,

ds s s sV = R i + ψ - ω ψqr r qr qr r drdt
(2.8)

Now, for an induction machine with squirrel cage rotor, the rotor bars are short circuited and

hence the rotor voltages become zero.

Therefore, s sV = V = 0q rd r

Hence, eq (7) becomes

ds s s0 = R i + ψ + ω ψr r qrdr drdt
(2.9)

And eq (8) becomes

ds s s0 = R i + ψ - ω ψr qr qr r drdt
(2.10)

The equations for the various flux linkages for the stator and rotor are as follows:

s s s sψ = L i + L (i + i )mds ls ds ds dr (2.11)
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 s s s sψ = L i + L (i + i )qs qs m qs qrls (2.12)

 s s s sψ = L i + L (i + i )mdr lr dr ds dr (2.13)

 s s s sψ = L i + L (i + i )q r q r m q s q rlr

(2.14)

The flux linkage for air gap flux is given by:

s s sψ = L (i + i )mdm ds dr (2.15)


s s sψ = L (i + i )qm m qs qr (2.16)

2 2ψ = ψ +ψm qmdm

Inductances for the stator and rotor can be calculated as:

L = L +Ls mls

L = L +Lr r m

Where,
3

L = Lm ms2

Putting the values (11) - (14) in equations (5), (6), (9) and (10) we get:

ds s s s sV = R i + (L i +L (i +i ))s mds ds ls ds ds drdt


ds s s sV = R i + ((L +L )i +L i ))s m mds ds ls ds drdt


ds s s sV = R i + (L i + L i )s s mds ds ds drdt


d ds s s sV = R i + L i + L is s mds ds ds drdt dt

(2.17)

And,
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ds s s s sV = R i + (L i +L (i +i ))qs s qs qs m qs qrlsdt


ds s s sV = R i + ((L + L )i + L i )qs s qs m qs m qrlsdt


ds s s sV = R i + (L i +L i )qs s qs s qs m qr
dt


d ds s s sV = R i + L i + L iqs s qs s qs m qrdt dt

(2.18)

And, we have the rotor equations as :

0
ds s s s s s s= R i + (L i +L (i +i ))+ω (L i +L (i +i ))r m r qr m qs qrdr lr dr ds dr lrdt


ds s s s s sV = R i + (L i +L i )+ω (L i +L i )r r m r r qr m qsdr dr dr dsdt



d ds s s s s0= R i +L i +L i +ω L i +ω L ir r m r r qr r m qsdr dr dsdt dt


d ds s s s s0= L i +ω L i +R i +L i +ω L im r m qs r r r r qrds dr drdt dt

(2.19)

Also,

ds s s s s s s0= R i + (L i +L (i +i ))-ω (L i +L (i +i ))
r qr lr qr m qs qr r lr dr m ds drdt


ds s s s s0= R i + (L i +L i )-ω (L i +L i )r qr r qr m qs r r mdt dr ds


d ds s s s s0 = R i +L i +L i - ω L i -ω L i

r qr r qr m qs r r dr r m dsdt dt


d ds s s s s0 = -ω L i +L i -ω L i +R i +L i

r m ds m qs r r dr r qr r qrdt dt
(2.20)

The equations (17), (18), (19) and (20) give the relations according to which the simulation

for dynamic modelling of an induction machine is carried out in MATLAB. These equations

can be represented in the form of a matrix by the following relation:
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ss iV R + L p 0 L p 0 dss s mds
ss i0 R + L p 0 L p qsV s s mqs = sL p ω L R + L p ω L im r m r r r r0 dr
s-ω L L p -ω L R + L pr m m r r r r0 iqr

                            

(2.21)

The torque equation is developed by the interaction of two fluxes i.e. the air gap flux and the

rotor mmf. Thus in stationary reference frame, the torque equations appear as:

3 P s s s sT = (ψ i - ψ i )e qr qmdm dr2 2
 
 
 

(2.22)


3 P s s s sT = (ψ i - ψ i )e qs qmdm ds2 2
 
 
 

(2.23)


3 P s s s sT = (ψ i -ψ i )e qs qsds ds2 2
 
 
 

(2.24)


3 P s s s sT = L (i i - i i )e m qs qrdr ds2 2
 
 
 

(2.25)

Figure 4.a) sq circuit and 4.b) sd circuit of equivalent stationary reference frame model of induction

machine
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The electromechanical equation for an induction motor is given by the following relation:

dω2 rT = T + J + Bωe rl P dt
 
 
 

(2.26)

Figure 4 represents the simplified dynamic model of an induction motion.

2.2c Simulation and results:

The machine was simulated using MATLAB and corresponding torque, speed and flux

responses were seen. For simulation of induction motor, the various parameters that were used

are tabulated as follows:

Table 1- Parameters of IM used for simulation

Parameter of the motor Symbol Values chosen

Voltage per phase
mV (volts) 40 volts (peak)

Frequency F (Hz) 69 hertz

Per phase Stator resistance
sR (ohms) 1.627 e-3

Per phase Rotor resistance
rR (ohms) 1.364 e-3

Stator leakage inductance per

phase
lsL 19.42 e-6 H

Rotor leakage inductance per

phase
lrL 19.42 e-6 H

Air gap leakage inductance

(magnetising) per phase
msL 320 e-6 H

No. of poles P 4
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Moment of Inertia J (kg- 2m ) 0.03

Frictional Coefficient B (N-m-s) 0.07

Simulation step size sec 1 e-5

The MATLAB simulation for dynamic modelling of an induction motor is shown in figure 5.

A 3 phase sinusoidal voltage is given as input which is then converted to a two phase system

of voltages in the stationary reference frame by using Clarkes Transform. After this,

simulating the equations (17), (18),(19),(20), the currents have been derived. From the

currents, the corresponding fluxes have been derived by simulating equations

(11),(12),(13),(14). From the currents that were obtained, the electromagnetic torque is

obtained by simulating equation (25).  From the electromechanical relation of the motor, the

speed of the machine is derived by simulating equation (26). Finally the d and q axis currents

are transformed to three phase stator and rotor currents using inverse of Clarkes transform.

Results of simulation of induction machine in MATLAB Simulink:

 Case 1- when the machine runs at no load:

The machine is run without any external Load and the various responses are noted.
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Figure 5. Electromagnetic torque of the machine at no load ( in Nm)

Figure 6. Electrical speed of the machine at No-Load (in Rad/sec)
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Figure 7. Three phase Stator currents of the machine at no load. (in amps)

Figure 8. Stator, rotor and Air gap magnetising fluxes for the machine at no load (in Wb)
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 Case 2- when a load torque of 35Nm is applied at 1 second:

The machine is made to run initially at no load and then after 1 second, a load torque of 35Nm

is applied. The various responses are then noted.

Figure 9. Electromagnetic torque of the machine at a load torque of 35Nm applied at 1 second (in Nm)
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Figure 10. Electrical speed of the machine at a Load torque of 35Nm applied at 1 second (in Rad/sec)

Figure 11. Three phase Stator currents of the machine at load torque of 35Nm applied at 1 second
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Figure 12. Stator, rotor and Air gap magnetising fluxes for the machine at a load torque of 35 Nm
applied at 1 second (in Wb)

Discussions on results:

 Case 1- when the machine runs at no load

The simulation is first made to run with no load and the responses of corresponding currents,

fluxes, electromagnetic torque and speed are seen. It is observed that the speed increases from

zero to about 430 Rad/sec and settles in about 0.45 seconds after an initial overshoot. The

torque initially rises to 225 Nm and settles to about 15 Nm at 0.5 seconds. Now as the speed

of the machine increases, the torque increases rapidly and oscillates. During this period the

torque is oscillating. As the speed of the motor reaches a steady value, the torque reduces and

becomes almost stable. The 15 Nm steady state electromagnetic torque provides the motor

with the frictional and windage torque. This frictional component has been introduced in the

simulation as B.

 Case 2- when a load torque of 35 Nm is applied at 1 second

The simulation is made to run initially without the application of external load. After 1 second

into the motor operation, an external load of 35 Nm is applied. Initially the speed of the motor
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increases from zero to about 430 Rad/sec and settles in about 0.4 seconds. Initial overshoot is

present. As speed increases, we find that the torque increases and becomes oscillatory. As the

speed settles, torque also becomes steady at about 14 Nm. Now with the application of

external load, there is a speed transient for 0.2 seconds and after this the speed falls by 2 rpm.

Electromagnetic torque rises to meet the external applied torque and finally settles to a value

of 50 Nm. The current response in this case increases slightly after load torque is applied,

because now the electromagnetic torque has to increase to meet the new total torque demand.

We find from the flux responses that the rotor magnetic flux is less than the stator magnetic

flux. Air gap magnetising flux is more than rotor flux but less than stator flux.
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Chapter 3

Field Oriented Control

3.0 Introduction:

Field oriented or vector control is a technique in which a separately excited dc motor like

approach is adopted. In a dc motor, the field flux is perpendicular to the armature flux and

these phasors are orthogonal to each other and stationary in space. This implies that when

armature current is controlled to control torque of the machine, the flux remains unaffected.

Also, then field flux is varied, it does not affect the armature flux. This inherent decoupling of

torque and flux provides fast transient response in dc machines. An induction machine suffers

from a coupling effect and therefore high transient performance is difficult to achieve [21].

Such an approach as is practical with a dc machine can be extended to an induction machine

by considering all the quantities of the induction motor in a synchronously rotating reference

frame. Such a frame ensures that the sinusoidal variables appear as dc quantities. Here the

stator current is transformed into two axes, the
ed , and the eq axes i.e. eids and eiqs .

These are the direct axis and quadrature axis currents and are orthogonal to each other. Vector

control ensures that the eids component is similar to the field current i
f

of a dc motor, and

eiqs is similar to armature current ia of a dc motor. Therefore the torque can be expressed as:

eT K ie r qst  (3.1)

This dc machine like analysis is possible only if eids is directed along the flux component and

eiqs is in quadrature to it. Here, eids is the flux component and eiqs is the torque component.

3.1 Theory and structure of Indirect Field Oriented Control:

A. THEORY:

Field Oriented Control can be of two types.
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1. Direct Field Oriented Control (DFOC)

2. Indirect Field Oriented Control (IFOC)

Due to various advantages over DFOC, IFOC is preferred as a control technique for an

induction motor. These advantages include:

1. It does not suffer from inherent low speed problems and thus can be used for all such

purposes where near zero speed operation is essential [4].

2. This method avoids the requirements of flux acquisition by using known machine

parameters [4].

In this work, Indirect Field Oriented Control has been adopted and therefore it will now be

discussed in detail. To explain IFOC, a phasor diagram representing the control technique is

given in figure 13 below.

Figure 13- Indirect Field Oriented Control Phasor

In the above figure, the ( )e ed q frame is rotating at synchronous speed of e .  The

s s(d - q ) Axis is fixed on the stator. The r r(d - q ) axis is fixed to the rotor and rotates at a

speed of ωr . The synchronously rotating axis rotate ahead of the rotor axis by a positive slip

angle of θsl which corresponds to slip frequency ωsl . From figure 13, we can see that:
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e r sl    (3.2)

 dt dte r re sl sl            (3.3)

Now, for decoupling control, the flux component of stator current i.e. ids must be aligned

along ed axis and the torque component iqs must be aligned along the eq axis.

In order to explain the theory of Indirect Field Oriented Control, the following figure of a

simplified representation of an induction motor in the synchronous reference frame is

presented.

Figure-14 Synchronous Reference Frame

The rotor circuit equations can be written from figure 14 as:

( ) 0
ed e edr R ir e r qrdrdt
  


    (3.4)

) 0
ed qr e eR ir qr e r drdt
   


    (3.5)
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The rotor flux linkages expression can be given as:

e e eψ = L i + L ir mdr dr ds (3.6)

e e eψ = L i +L iqr r qr m qs (3.7)

From above equations, we can infer:

L1e e emi = ψ - idr dr dsL Lr r
(3.8)

L1e e emi = ψ - iqr qr qsL Lr r
(3.9)

The rotor equations of (3.4) and (3.5) can be rewritten using (3.8) and (3.9) as:

edψ LR e e edr mr+ ψ - R i - ω ψ = 0r qrdr ds sldt L Lr r
(3.10)

edψ LRqr e e emr+ ψ - R i +ω ψ = 0qr r qs sl drdt L Lr r
(3.11)

We know slip frequency= synchronous frequency – Rotor frequency

Now, indirect field oriented control ensures decoupled control of torque and flux. Hence the

entire rotor magnetic flux is directed along the de axis. i.e. ψr is directed along de axis.

Therefore:

0ψqr  which implies
dψqr

= 0
dt

(3.12)

Substituting these values in (3.10) and (3.11) we get:

Ldψ R mr r+ ψ - R i = 0r r dsdt L Lr r


L dψr r +ψ = L ir m dsR dtr

(3.13)
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Now, as is the usual case, rotor flux is constant.  Hence 0
dψr
dt


Hence at steady state,

ψ = L ir m ds (3.14)

Therefore we can conclude that the rotor flux is directly proportional to current ids .

Also, we have

Lmω ψ R ir qssl dr Lr


L Rm rω = iqssl ψ Lr r
 (3.15)

The slip speed is added to the rotor speed to obtain the synchronous speed as

e r sl   

We see from equation (3.13), in laplace domain, the equation becomes:

Lrψ s+1 = L ir m dsRr

 
 
 

where s = Laplace transform of derivative term


L im dsψ =r 1+ τs

or
L im dsψ =dr 1+ τs

(3.16)

Where
Lrτ =
Rr

is the rotor time constant.

The electromagnetic torque can be shown as:

3 P s s s sT = L (i i - i i )e m qs qrdr ds2 2
 
 
 

……… from equation (2.25)

Putting the values of equations (3.8) and (3.9) into equation (2.25), we have:

L3 P e e e emT = (i ψ - i ψ )e qs qrdr ds2 2 Lr

 
 
 

(3.17)
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Now, we have eψ = ψrdr and eψ = 0qr

 L3 P emT = i ψe qs r2 2 Lr

   
 

(3.18)

Therefore from equation (3.18) it can be seen that Electromagnetic torque is directly

proportional to the torque component of stator current eiqs provided the rotor flux is

considered to be constant. Again, from equation (3.14) we see that the rotor flux is

proportional to the flux component of stator current eids . Therefore we find that the flux and

the torque can be varied independently without any coupling effect.

Figure 15 below shows the schematics of the control structure for Indirect Field Oriented

Control. In order to implement IFOC, it is necessary to generate the reference current

components for torque and flux i.e. *iqs and *ids respectively.

From the figure we can see that a reference value of rotor flux   ore * *ψ ψ rdr is given an

input. This value is the desired value of rotor flux. From this reference flux, the d axis

component of stator current e *ids is calculated according to the following equation:

e *L ime * dsψ =dr 1+ τs

Now the desired value of electromagnetic torque T e
 can be obtained from the PI controller

output of the outer speed loop for a chosen value of rotor flux. Then the reference value of q

axis component e *iqs can be further calculated as:

 L3 P emT = i ψe qs r2 2 Lr

     
 

(3.19)
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Figure 15. Indirect Field Oriented Control Structure

B. INTERNAL STRUCTURE OF INDIRECT FIELD ORIENTED CONTROL :

IFOC consists of two loop:

1. Inner current loop

2. Outer speed loop

The entire structure is an IFOC is cascaded control. i.e. the outer loop of the control structure

generates an output which is used as input for the inner control loop. The Induction motor is

fed through a sine PWM (in our case) which ensures a three phase alternating supply to the

motor. The actual speed of the motor is sensed and sent back to a controller where it is

compared to a reference speed and the error is subjected to a PI controller to produce a torque

command. This controller which produces torque output while having speed error as an input
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is the speed controller. The output from this controller, i.e. the torque command is used to

generate the reference q axis component of stator current according to the equation

4Le * ri =qs e3PL ψm dr
(3.20)

After the q axis current component has been calculated, it is compared to the actual measured

eiqs and the error signal is passed through a PI type controller. Output from this PI controller

is used to generate the necessary voltages to be fed to the PWM inverter.

For the flux component of the stator current, the reference value is calculated from the

equation :

 *L im * dsψ =dr 1+ τs

In steady state, s=0, hence

 *ψ * dri =ds Lm
(3.21)

The actual value of d axis component of stator current eids is compared to the value of the

reference *ids and the error signal generated is fed to a PI controller. The output of this PI

controller along with the output of the PI controller for the q axis component is used to

generate the required voltages for the sinusoidal PWM.

INNER CURRENT LOOP

The inner current loop consists of the d axis and q axis current controllers and is used to

control the torque dynamics of the system. The reference torque as generated by the outer

loop is transformed to actual electromagnetic torque by this loop. The voltage equations of an

induction motor is presented in [23] as
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ee iV R + L p -ω L L p -ω L dss s e s m e mds
ee iω L R + L p ω L L p qsV e s s s e m mqs = eL p -(ω - ω )L R + L p -(ω - ω )L im e r m r r e r r0 dr
e(ω - ω )L L p (ω - ω )L R + L pe r m m e r r r r0 iqr

                            

(3.22)

These voltage equations can be written in synchronous reference frame as [8] :

L Ld de e e e e em mV = R i +σL i + ψ - ω σL i - ω ψs s e s qs e qrds ds ds drdt L dt Lr r
(3.23)

L Ld de e e e e em mV = R i +σL i + ψ - ω σL i - ω ψqs s qs s qs qr e s eds drdt L dt Lr r
(3.24)

Where
2Lmσ = 1-

L Lr s

 
 
 
 

is the leakage coefficient. The third term of the two equations can be

neglected as the rotor flux dynamics is very slow with respect to the current dynamics. Now

when the d axis is aligned with the rotor flux, the q axis flux becomes zero. Therefore

0e
qr  also the entire rotor flux is aligned along the d axis. Therefore from equation (3.16),

L im dsψ =dr 1+ τs

As the rotor flux dynamics is slow compared to the current dynamics, the above equation can

be written as:

ψ = L imdr ds (3.25)

Putting this value in equations (3.23) and (3.24) and equating 0e
qr  , we get

de e e eV = R i +σL i - ω σL is s e s qsds ds dsdt
(3.26)

And,

de e e eV = R i +σL i - ω L iqs s qs s qs e s dsdt
(3.27)

OUTER SPEED LOOP:
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The electromechanical equation pertaining to IFOC is given by :

dωmT = T + J + Bωe mL dt
(3.28)

Where B is the coefficient of friction and m is the mechanical speed of the motor.

If speed is presented as an electrical quantity in rad/sec, the equation becomes:

2 dωrT = T + J + Bωe rL P dt
 
 
 

(3.29)

The above equation can be represented in the form of a block diagram by:

Figure 16. Block diagram depicting the outer speed loop

The outer speed loop is much slower than the inner current loop can be treated as a block with

unity gain. This is because the electrical time constant of the Inner current controller structure

is much less than the mechanical time constant of the outer speed loop. i.e. the mechanical

system of the speed loop is much slower compared to the electrical system of the inner speed

loop.
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3.2 Sinusoidal Pulse Width Modulation (SPWM):

Variable speed operation is now popular and desirable for three phase alternating current

machines such as induction machines. For efficient variable speed operation, supply to the

machine should be a balanced set of three phase voltages with variable frequency.

Traditionally the most popular and widely used method for generating such voltages is the

Pulse Width Modulation Technique [24].

Basically the Pulse Width Modulation Technique is a method where the output signals are

constructed through comparison between two control signals- a carrier signal and a

modulation signal. This is known as Carrier based PWM. The carrier waveform is essentially

a high frequency triangular waveform while the modulation waveform can be of any shape.

When peak of the modulation signal becomes less than the peak of the carrier signal, the

output waveform follows the shape of the modulation waveform. If instantaneous value of the

modulation waveform is greater than the carrier signal for any interval of time, then for that

time interval, the output gets connected to the positive side of DC link. Else, the output is

connected to the negative terminal of the D C Link [25] .

By using this approach the output waveform can be made to follow any desired wave shape.

Sinusoidal pulse width modulation is a type of carrier based PWM technique. Here, the peak

of the modulation signal is always less than the peak of the carrier signal. Realization of

SPWM is achieved by having a high frequency triangular carrier wave Vc compared with a

sinusoidal reference wave Vr of desired frequency. The intersection of the two waveforms

gives the switching instant and commutation of the modulated phase. The two waveforms are

fed to a comparator. During the time period when the modulating sinusoid has a peak value

greater than the triangular carrier wave, the comparator output is high. Else, it is low. When

triangular carrier wave has its peak coincident with zero of the reference sinusoid there are

2

fcN
f

 pulses per half cycle. In case the zero of the triangular wave coincides with the zero

of the reference sinusoid, there are (N-1) pulses per cycle [26].
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Figure 17. 1 phase Sinusoidal Pulse Width Modulation.

Modulation index:

Modulation index is the ratio of the peak magnitude of the modulating waveform and the

carrier waveforms. It relates the inverters dc link voltage and the magnitude of the pole

voltage output by the inverter. If the modulating signal is  sinV tm  and the magnitude of

the carrier wave ranges between +Vc and -Vc then the ratio of the peak magnitude of the

modulating signal to the peak magnitude of the carrier waveform is the modulation index.

Vmm
Vc


Normally the modulation index is maintained below 1. i.e. 0< m <1
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OVERMODULATION:

When the modulating waveform has a peak magnitude greater than the peak magnitude of the

carrier wave, i.e. when m>1 the PWM inverter operates under over-modulation mode. During

over modulation, the fundamental component of pole voltage increases slightly with increase

in modulation index but the linear relation between them no longer exists. Also there is

introduction of lower frequency harmonics in the pole-output waveform. The fact that over-

modulation introduces lower order harmonics makes their use very rare [27].

THREE PHASE SPWM:

Three phase PWM can be used for obtaining a three phase sine modulated pole voltage

pulses. Switches in each of the three poles of the inverters are individually controlled. For a

balanced three-phase output voltage from the inverter poles, the three sinusoidal modulating

signals (one for each pole) must also be balanced three-phase signals. The carrier waveform

for all the three poles may remain identical. The fundamental components of individual pole

output voltages (for 0<<1) will then be proportional to the corresponding modulating signals.

Figure 18. Three phase Sine Pulse Width Modulation
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3.3 Simulation of IFOC, Results and Discussion on results:

A. Simulation of IFOC:

Simulation of the field oriented control for the induction machine is carried out in MATLAB

Simulink. The machine used is the one for which dynamic modelling was presented in section

2.2b. For the simulation, the equations used are in accordance to the derivations presented in

section 3.2. Tuning of the controller parameters is the main objective of the thesis and it has

been presented in the next chapter. As of now, it is essential to provide the controller

parameters in order to run the simulation. Therefore here, the control parameters of the PI

controllers in the speed loop and the current loop have been assigned arbitrary values. All

values that have been taken for the simulation have been presented in table 2.

Table 2. Parameters for IFOC of Induction machine

PARAMETER OF THE

MOTOR

SYMBOL VALUES CHOSEN

Voltage per phase
mV (volts) 60 volts (peak)

Frequency F (Hz) 69 hertz

Per phase Stator resistance Rs (ohms) 1.627e-3

Per phase Rotor resistance Rr (ohms) 1.364e-3

Stator leakage inductance per

phase Lls
19.42e-6 H

Rotor leakage inductance per phase Llr
19.42e-6 H

Air gap leakage inductance

(magnetising) per phase Lms 320e-6 H

No. of poles P 4
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Moment of Inertia J (kg- 2m ) 0.03

Frictional Coefficient B (N-m-s) 0.07

Rotor flux (reference) Wb 0.075

Upper limit of speed controller +40

Lower limit of speed controller -40

Kp of speed controller 10

K iof speed controller 100

Kp of current controller 150

K iof current controller 0.01

Simulation step size sec 1e-5

A load torque of 35 Nm was applied at 2 seconds as a step input.

B. Results:

The simulation was run at a time step of 1e-5 seconds and the following responses were

obtained:

1. Reference and actual speed of the motor

2. Zoomed view of the reference and actual speeds

3. Stator currents of the motor

4. Electromagnetic torque of the motor

5. D axis rotor flux i.e. eψdr

The responses obtained after running the simulation for 50 seconds have been given below:
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Figure 19- Actual and Reference electrical speeds for IFOC induction motor

Figure 20- Zoomed view of reference and actual electrical speeds for IFOC Induction machine
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Figure 21- Zoomed view of the stator currents of IFOC Induction machine when a load torque of 35

Nm is applied at 2 seconds

Figure 22- Electromagnetic torque variation for IFOC Induction motor
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Figure 23- d-axis and q axis rotor flux for IFOC Induction machine where reference given is 0.075

Wb

C. Discussion on results:

It can be observed from figure 19 that after an initial overshoot the actual speed of the motor

effectively starts tracking the reference speed input. At 2 seconds a load torque of 35Nm has

been applied. Therefore at 2 seconds the speed of the motor dips by about 2 rpm after which it

again starts tracking the reference speed. The initial overshoot and thereafter settling of the

actual speed to track the reference speed can be observed in figure 20. The same figure shows

the effect of load torque (applied at 2 seconds) on the actual speed of the motor.

After application of load torque, there is an increase in the stator current as the motor now

draws more current from the supply in order to meet the additional torque. This increase in

current has been observed in figure 21.

The variation of electromagnetic torque can be observed from figure 22. Initially the motor

runs at no load. During this time the torque of the machine should ideally be zero, but the

presence of some friction and windage torque affects the electromagnetic torque such that at
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no load, it has some minimal value in order to meet the frictional torque. After the application

of load torque, the electromagnetic torque increases to meet the new torque demand. The

torque response is somewhat oscillatory because of the presence of a varying speed profile.

As speed varies considerably, some variations in torque response is observed.

We find from figure 23 that the d axis flux gradually increases and becomes equal to the

reference flux set at 0.075 Wb. The q axis flux remains zero. This figure shows the two

primary objectives of Field Oriented Control-

1. The entire rotor flux is aligned along axis and the d axis flux exactly tracks

threference rotor flux (set to 0.075 Wb).

2. The q axis rotor flux is equal to zero.

Therefore we can conclude that satisfactory results for an Indirect Field Oriented Control

scheme for an Induction machine have been achieved.

The methodologies for design of the controllers for the inner and the outer loops are presented

in the next sections.

3.4 Block Diagram Reduction :

Before we continue to block diagram reduction, it is necessary to deduce mathematical

dynamic equations of each of the components of the plant and then form transfer functions of

each of those individual blocks. Figure 24 represents the entire system in the form of a block

diagram.

A. Derivations for block diagram representation of IFOC :

For designing speed controller of IFOC induction machines, the primary assumption is

constant rotor flux linkages. Thus the following relation can be presented:

ψ = ar (3.30)

d ψ = 0rdt
 (3.31)

Now the stator equations of the motor can be written as :

 e e e e eV = -ω L i + R + L p i - ω L i + L pis s qs s s s m qr mds ds dr (3.32)
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 e e e e eV = R + L p i +ω L i + L pi +ω L iqs s s qs s s m qr s mds dr (3.33)

From equation (3.6), we have :

Lψe emri = - idr dsL Lr r
(3.34)

And from equation (3.7) we have :

e e eψ = L i +L iqr r qr m qs (3.35)

As eψ = 0qr ,

We have
Le emi iqr qsLr

 

Substituting the  above equations in (3.32) and (3.33), we have:

Le e e mV = (R +σL p)i - σL ω i + pψs s s s rds ds ds Lr
(3.36)

Le e e mV = (R +σL p)i +σL ω i +ω ψqs s s qs s s s rds Lr
(3.37)

Where  is the leakage coefficient,
2Lmσ = 1-

L Lr s

We know from Vector Control  that the flux producing component of the stator current is

constant (in steady state). As the d axis stator current is the flux producing component,

therefore, it is constant and hence the derivate of this cmponent is zero. ei if ds

d e i = 0dsdt


From FOC, we also know that the q axis component of the stator current is the torque

component. ei iqsT 

Substituting these in equation for the q axis voltage we have
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  Le mV = R + L p i +ω L i +ω ωqs s a s a s rT f Lr
(3.38)

Where La is: L = σLa s (3.39)

2Lm L = L -a s Lr
 (3.40)

Substituting L ir m f gives q axis stator voltage as:

 
2Le mV R L p i L i iqs s a s a sT f fLr

    

 eV R L pi L iqs s a s sT f   (3.41)

Now we obtain the frequency as :

i RT r
e r s r i Lrf

 
    

 
    

Electrical equation of the motor is obtained by substituting for s . Substituting and

simplifying, we get :

R Le r sV = R + + L p i +ω L iqs s a r sT fLr

 
 
 

(3.42)

From the above equation, iT can be calculated as:

eV L iqs r s f
iT R Lr sR L ps aLr




 




  K eai = V - ω L iqs r sT f1+ sTa

(3.43)

Where,
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1.
LsR R Ra s rLr

  (3.44)

2.
1

Ka Ra
 (3.45)

3. T K ie t T (3.46)

4.
LaTa Ra
 (3.47)

5.
23

4

PLmK it fLr
 …. (torque constant) (3.48)

Also, the electromagnetic torque is represented as :

d mJ B T T K i Bm e mt Tl ldt
    


  (3.49)

In the above equation, converting mechanical speed to electrical speed by multiplying

throughout by a pair of poles, we have

2

d PrJ B K i Br rt T ldt
  


  (3.50)

Therefore the transfer function between the speed and torque producing currents is given by:

 
  1

I s KmT
s sTr m



(3.51)

Here,
2

PKtKm Bt
 (3.52)

B B Bt l  and
J

Tm Bt


INVERTER MODEL-

The inverter supplies the q axis voltage to the motor with a command input which is the error

between the torque current reference and the torque current feedback.  The inverter is
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modeled as a gain Kin and a time lag Tin . The gain is obtained from the dc link voltage to

the inverter Vdc and maximum control voltage

0.65
VdcKin Vcm

 (3.53)

The factor 0.65 has been introduced such the maximum peak fundamental voltage obtainable

from the inverter with a given dc link voltage is accounted for. Time lag in the inverter is

equal to the average carrier switching cycle time, i.e. half the period. This is expressed in

terms if the PWM switching frequency as :

1

2
Tin fc
 [3]

SPEED CONTROLLER  MODEL:

There is a controller that processes the error between the speed reference and actual speed

feedback signal. This is a PI (Proportional-Integrator) type controller that has a transfer

function of the form:

 
KiG s = K +s p s

(3.54)

Where K p is the proportional gain and Ki is the integral gain
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Figure 24. Block diagram representation of the  IFOC Induction Machine system

Block diagram reduction techniques are applied on the above block diagram and finally a

system is obtained as given in figure 25.

Figure 25. Reduced Block Diagram of IFOC induction machine

Here, we have  G si as is given in figure 26:
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Figure 26. Block Diagram of  iG s - The Electrical dynamics of the plant

The dotted portion of the block diagram can be represented in transfer function form as:

 

  

1

1
1 1

Ka
sTa

eK K L ia m s ds
sT sTa m




 


 

  
1

1 1

K sTa m
esT sT K K L ia m a m s ds


  

Therefore open loop tranfer function  G siol can be represented as:

 
 

       
K K 1+ sTa minG s = eiol 1+ sT 1+ sT 1+ sT + K K L i 1+ sTa m a m sin inds

(3.55)

Hence, the electrical dynamics of the plant can be represented in the form of a transfer

function  G si as:

 
 

         1

K K 1+ sTa minG s =i e1+ sT 1+ sT 1+ sT + K K L i 1+ sT K K sTa m a m s a min in inds  
(3.56)
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This current transfer function  G si can be approximated to a first order transfer function as:

Tin is usually negligible compared to Tm and in the vicinity of the crossover frequency, the

following approximations are valid [3]:

1. 1 1sTin  (3.57)

2.     11+ sT 1+ sT + s T +T 1+ sTa a arin in  (3.58)

Where T = T +Tar a in

 G si becomes:

    1 1

K Ka inG si sT sT K K K K sT K Kar m a a m ain inb

    

(3.59)

Where eK K L im sb ds


 

 2 1

K K 1+ sTa min

s T T s T T K K K K sT K Ka m a m a a m ain inb     


 

2 1

K K 1+ sTa min

s T T s T T K K T K K K Ka m a m a m a ain inb
          


1

2

K K sTa in m
T T s As Ba m

 
 
  

(3.60)

Where
T +T + K K Ta m a minA=

T Ta m
(3.61)

And

1 K K K Ka a inbB
T Ta m

 
 (3.62)

Now, we write the demoninator part of the equation separately as:

  2
1 2s As B s T s T    
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  2 2
1 2 1 2s As B s T T s T T     

Hence we have 1 2A T T 

And 1 2B T T

 2
1

B
T

T
 (3.63)

 1
1

B
A T

T
 

 2
1 1AT T B 

 2 01 1T AT B   (3.64)

From equation (3.64) we obtain:

2 4
1 2

A A B
T

 
 (3.65)

B
T =2 T1

2B
=> T =2 2A± A - 4B



(3.66)

Now, putting the above values in equation (3.60), we have:

 
  

1
(s)

1 11 2

K K sTa minGi T T sT sTa m




 
(3.67)

The above transfer function can be simplified using the fact that 11T 

1 1 1sT sT  (3.68)

Also, near the vicinity of the crossover frequency [3], we have

1 sT sTm m  (3.69)

Thus equation (3.67) can be simplified as:
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(s)

11 2

K K sTa minGi T T sT sTa m





 

( )1
1 2

K Ka inG s
T T a sTa




Therefore the final simplified single order transfer function of ( )G si is obtained as:

( )
1 2

KiG si sT



(3.70)

Therefore the transfer function of the plant incusing the IFOC controller, the electrical

dynamics of the system, the mechanical dynamics of the system and the Induction motor

(only the speed controller has been left out) taken together can be represented as ( )P s by the

the transfer function:

(s)
(1 sT )(1 sT )2

K KmiP
K mt


 
(3.71)

This second order plant alongwith the speed controller is shown in the figure below.

Figure 27. Final Block diagram of the Second Order Plant and the Controller- IFOC Induction Motor

B. Obtaining the nominal transfer function for IFOC induction motor:
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For obtaining the nominal transfer function for the plant, the values of the parameters given in

table 1 and table 2 are used. The equations presented in the last section were programmed

using MATLAB Simulink and a second order plant was obtained.

Considering 0
2

0 0

( )
L

P s
s a s b

 

, (3.72)

Where,

0
2

K KmiL
K T Tmt
 , (3.73)

1 1
0

2
a

T Tm
  (3.74)

And
1

0
2

b
T Tm
 (3.75)

From MATLAB, the results for the above values are obtained as:

27.2 2.7410 0L = , a = , and 0b  0.9521

Thus, we have
27.2

( )
2 2.741 0.9521

P s
s s


 
(3.76)

Thus the final block diagram becomes:

Figure 28. Nominal second order plant (IFOC induction motor) and controller
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3.5 Model Order Reduction

A. Introduction:

The nominal system for the plant obtained in the previous section is a second order transfer

function. For the speed control loop, the controllers used are PI type. Typically PI controllers

are best suited for first order systems. Also, use of LQR technique would require augmenting

the system to meet the required states. Therefore it becomes essential to reduce the system to

a first order transfer function.

One of the popular methods for system order reduction is Aggregation by continued fraction.

This method was first introduced by Chen and Shieh and extended by many others [13].

B. Aggregation :

The concept of aggregation was first developed for economics literature. Aggregation for

control systems was first proposed by Aoki. The aggregation process is presented as [13]:

Let a large scale continuous dynamic system be represented by:

X Ax Bu


  (3.77)

y Cx (3.78)

Where nx R is the state vector.

mu R is the control input vector

And py R is the output vector.

The matrices A, B, and C are constants with appropriate dimensions and these are completely

controllable and observable. We wish to represent this higher order model by an aggravated

model of lower order given by:

Z FZ Gu

w HZ



 


(3.79)



Chapter 3: Field Oriented Control

Page | 59

Where rZ R is the aggravated state vector

pw R is the aggravated output vector.  The aggravated model can be considered to be

satisfactory if for a given class of inputs {u}, the aggravated outputs {w} are good

approximations of the original output y of the original model. The aggravated model has an

order r such that m r n 

C. Aggregation by continued fraction method:

Let us consider a system

X Ax Bu

  (3.80)

y C xn (3.81)

Without loss of generality matrix A can be written in companion form as:

11 12 13 1

0 1 0 0

0 0 1 0

0 0 0 1

n

A

a a a a

 
 
 
 
 
 
     




    



 0 0  1
T

B   , 21 22 2nC = a   a   an   

The above system can be transformed to an aggravated form using a transformation matrix P

corresponding to its continued fraction expansion:

q Hq Ku

 

v C qq

Where the transformed vector q is

q Px

And matrix P is obtained through the modified Routh-Hurwitz array:
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The final two rows of the above Routh array are extracted from the thn row of A and

elements of output vector nC . The remaining rows are calculated from the Routh Hurwitz

iterative formula as:

1,1 2, 1 1, 1 2,1

1,1

. .i i j i j i

i

a a a a
aij a

     






The matrix P is then extracted from the table as:

131 32 33
0 151 52
0 0 171

0 0 0 12 1,1

0 0 0 0 0 1

a a a

a a

a
P

a n

 
 
 
 
   
 
 

 
 
 

 

 

 

   


(3.82)

The system given by equations (3.80) and (3.81) can be represented as:

1q PAP q PBu
  

And so, matrices H and K become:

1H PAP and K PB
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This process of continued fraction simplification of a higher order system to a lower order

system ( thn to thl order) refers to retaining the first l variables of q . Let us call the first l

elements of q as z . Then we have:

z Rq

And [ : 0]lR I where lI is identity matrix of order l

Now, z R q
 




•
z = R(Hq+ Ku)

 z RHq RKu


 

Which, when compared to aggregated system state equation from equation

z Fz Gu


 

 z FRq Gu


  (3.83)

Therefore 1RP PFR RH A   ,

and G RK RPB 

as q Px and z Rq

Therefore z RPx

 z Cx (3.84)

Where C is the l n aggregation matrix.

Now a relation can be developed between the aggravated system output matrix lC from the

corresponding equation ( lw C z ) by equating y and w which gives-

n lC C C

Now using pseudo inverses of matrices R and C, the aggravated system matrix are :

11 ( )T TF RHR RPAP R RR   (3.85)

1( )T T
l

G RPB

C C C C C CCn n



 

} (3.86)
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With the aggregation matrix expressed as :

C=RP (3.87)

D. Implementation of aggregation by continued fraction method and results:

We have our plant as:

2
27.2

( )
2.741 0.9521

P s
s s

 

Therefore,
2

( ) 27.2

(s) 2.741 0.9521

Y s

U s s


 

 ( + 2.741 0.9521) 27.22s s + Y(s)= U(s)

Thus, = 27.2 - 2.741 - 0.95212s Y(s) U(s) sY(s) Y(s) (3.88)

Let:

1

2

( ) y(t)

( ) y(t)

q t

q t






Therefore,

1

2

( ) ( )

( ) s (s)

Q s Y s

Q s Y





Thus, 1 1 2( ) ( ) ( )Q sQ s Q s sY s


  

And, 2
2 2 3( ) ( ) ( )Q sQ s Q s s Y s


  

 2 27.2 ( ) 2.741 ( ) 0.9521 ( )Q U s sY s Y s


  

Therefore state space representation of the plant is as:

1 1

2
2

0 1 0
( )

0.9521 2.741 27.2

Q Q
U s

Q
Q
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1

2

( ) ( 1  0 )
Q

Y s
Q

 
  

 

The above system can be rewritten as:

1 1

2
2

0 1 0
( )

0.9521 2.741 27.2

x x
U s

x
x





 
                   

 

(3.89)

1

2

( ) ( 1  0 )
x

Y s
x

 
  

 
(3.90)

This is the state space representation of the plant.

Now, we proceed with the implementation of aggregation by continued fraction method on

the above state space model.  Here, we have

11 12

0 1 0 1

0.9521 2.741
A

a a

   
         

And    21 22 1 0C a an  

The Routh array to obtain the matrix P is calculated as:

Therefore,
2.741 1

0 1
P
 
  
 

And R= [1 0]
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Now, using MATLAB programming to calculate the values of F, G, and lC from equations

(3.85) and (3.86) we have:

F = -0.347307790546172

G = 27.196653072425203

lC = 0.321941223086278

Thus, our reduced first order system becomes:

0.3473 27.2x x u


  (3.91)

0.321941y x (3.92)

This can be written in transfer function form as:

8.756
( )

0.3473
P s

s





Chapter 3: Optimal Controller Design

Page | 65

Chapter 4

Optimal Controller design

4.0 Introduction:

In order that the induction motor efficiently tracks the reference speed, the error between the

reference and the actual speeds need to be processed with the help of a controller. The type of

controller used here is a PI controller because of its various advantages and ease of

implementation. Available control strategies that include optimal control, Linear quadratic

Regulator (LQR) technique and concepts of robust control can be found in extensive literature

and therefore these existing control strategies are used in this dissertation. The theory and

concept behind the various control strategies is discussed in this chapter, along with

implementation of such techniques through Matlab.

4.1 Optimal Control and LQR Problem:

The essential element of a control problem is a means of testing the performance of any

proposed control law. Whenever we say that the effectiveness of a given control strategy is

“optimal”, we do so with respect to some numerical index of performance called the

performance index [28]. We assume that the value of the performance index decreases as the

quality of the given admissible control law increases. The admissible controller that ensures

the completion of the system objective and at the same time minimizes the performance index

is called an optimal controller for the system.

A. Performance Indices:

Let us consider a system

( ) ( ) ( ),X t Ax t Bu t


  0 0( )x t x

( ) ( )y t Cx t ,

on a fixed interval 0[ , ]ft t

A suitable performance index to be minimized can be
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( ) ( )1
0

t f
TJ x t x t dt

t
 

(Here, the term “ 1J minimizes” means components of state vector decrease.)

As 1J is small, state vector norm || ( ) ||x t is small.

If the objective is to control the system such that the components of the output, y(t) are to be

small, then the performance index may be:

( ) ( )2
0

t f
TJ y t y t dt

t
 

 ( )C ( )2
0

t f
T TJ x t Cx t dt

t
 

 ( ) Q ( )2
0

t f
TJ x t x t dt

t
 

Where the weight matrix TQ C C is symmetric positive semidefinite.

If we need to control the system such that the input components u(t) are small, then,

( ) u( )3
0

t f
TJ u t t dt

t
 

Or, ( ) Ru( )3
0

t f
TJ u t t dt

t
 

Where the weight matrix R is symmetric positive definite.

Now, we cannot simultaneously minimize 1J and 3J because minimising the state vector

components needs large control signals, while minimizing the output vector components

needs small control signals. To solve this dilemma, we can compromise between the two

objectives by minimizing the performance index that is a convex combination of 1J and 3J



Chapter 3: Optimal Controller Design

Page | 67

(1 )1 3J J J   



t f
T T[λx (t)x(t)+(1- λ)u (t)u(t)]dt

t0


Where  is a parameter ranging from 0 to 1. i.e. [0,1]

A generalized form of J is thus,

[ ( ) ( ) ( ) ( )]dt4
0

t f
T TJ x t Qx t u t Ru t

t
 

In some applications, we may wish the final state ( )fx t to be as close as possible to 0. Then a

possible performance measure to be minimized is:

( ) ( )5
TJ x t Fx tf f ,where F is a symmetric positive definite matrix.

Now, we can combine 2 3, ,J J and 5J

1 1
( ( ) ( ))dt

2 2
0

ft
T T TJ x (t)Fx(t ) x Qx t u Ru tf t

  

The above performance index is to be used when our control aim is to have the state small, the

control not too large and the final state to be as nearly equal to zero as possible. The factor
1

2

is placed to simply subsequent algebraic manipulation. This above problem is called the

Linear Quadratic Regulator problem.

B. Algebraic Ricatti Equation:

Let a system be [26]:

( ) ( ) ( )X t Ax t Bu t


  (0) 0x x (4.1)
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And its associated performance index is

 
0

T TJ x Qx u Ru dt 


Where 0TQ Q  and >0TR R our goal is to design a stabilizing linear state feedback

controller of the form u Kx  that minimises the performance index J. such a control law is

denoted by u .

We now assume that a linear state feedback optimal controller exists such that the optimal

closed loop system
•
x = (A- BK)x is asymptotically stable.

This implies that there is a lyapunov function TV x Px for the closed loop system, that is for

some positive definite matrix P, the time derivative
dV

dt
evaluated on the trajectories of the

closed loop system is negative definite.

C. Theorem:

If the state feedback controller u Kx   is such that

min  0
dV T Tx Qx u Ru

u dt
    
 

,

For some TV x Px , then the controller is optimal [28].

Therefore from the above theorem it implies that synthesis of the optimal control law involves

finding an appropriate Lyapunov Function, or equivalently, the matrix P. This P matrix is

found by minimising:

( )
dV T Tf u x Qx u Ru
dt

   (4.2)

To the above equation we apply the necessary condition for unconstrained minimization,
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0
dV T T Tx Qx u Ru

u dt u u

        
`

Differentiating, we get:

2
dV T T T T Tx Qx u Ru x P x x Qx u Ru

u dt u

              

  2 2T T T Tx PAx x PBu x Qx u Ru
u


  



 2 2T Tx PB u R

 0T

Here the optimal control law has the form:

1 Tu R B Px Kx     (4.3)

Where 1 TK R B P therefore

 
2 2

2 2
2 2

dV T T T T T Tx Qx u Ru x PAx x PBu x Qx u Ru
dtu u

        
  

  2 2T Tx PB u R
u






 2R

 > 0

Thus the second order sufficiency condition for u to minimize equation (4.2) is satisfied.

We now try to find an appropriate P. The optimal closed loop system has the form

 1 Tx A BR B P x


  , (0) 0x x

And our optimal controller satisfies the equation:

0
dV T Tx Qx u Ru
dt u u

   


Therefore, 2 2 0T T T Tx PAx x PBu x Qx u Ru     
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Putting the value of u from eq (4.3) in above equation, we get

  1 12 0T T T T T T Tx A P PA x x PBR B Px x Qx x PBR B Px     

Factoring out x gives:

 1 0T T Tx A P PA Q PBR B P x    (4.4)

The above equation holds for any x and for this to be true, we must have

1 0T TA P PA Q PBR B P    (4.5)

The above equation is called the Algebraic Ricatti Equation (ARE). Therefore for designing

an optimal controller for the system given in equation (4.1), it is necessary to solve the ARE

given by the above equation (4.5)

4.2 Controller Design and implementation:

A. Controller design

We consider our first order plant to be

( )
b

P s
s a




(4.6)


( )

( )

Y s b

U s s a




 ( ) ( ) ( )sY s aY s bU s  (4.7)

In time domain,

y(t)+ay(t)= bu(t)


(4.8)

Now, let ( ) ( )1y t x t (4.9)

And ( ) ( ) (t)21
y t x t x
 

  (4.10)
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thus,

( )2 1x ax bu t 

 ( ) ( ) ( )1 1x t ax t bu t


 

 ( ) ( )
1

x t ax bu t1


   (4.11)

Therefore we have:

[ ( )] [ ][ ] [ ] ( )1 1x t a x b u t


   (4.12)

And [ ( )] [1] ( )1y t x t (4.13)

Thus, we have [ ]A a  [ ]B b [1]c  and [0]D 

Now for design of a PI controller, we augment our plant to a second order system:

Let ( ) ( )1y t dt x t (4.14)

Thus, 1( ) ( ) ( )2x t y t x t


  (4.15)

And ( ) ( ) ( ) ( )2 1 3y t x t x t x t
  

   (4.16)

Now, from equation (3.70) we have

2 2( ) ax ( ) ( )x t t bu t


 

 2 2( ) ( ) ( )x t ax t bu t


  

Hence, our augmented system is:

1 1

2
2

( )( ) 0 1 0
( )

( )0
( )

x tx t
u t

x ta b
x t





                    

(4.17)

So, we have
0 1

0
A

a

 
   

0
B

b

 
  

 

Our chosen control law is:

[ ][ ( )]u K x t  (4.18)
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Where K is the controller gain matrix

( )1(  )
( )2

x t
u K K pi x t

 
  
 
 

Where iK is the controller integral gain and pK is the controller proportional gain

 K= i pK K    (4.19)

1 K= T
i pK K R B P   

    11 12

21 22

1 0  b
P P

K
P P

 
  

 

(considering R=1)

Therefore  21 22K bP bP (4.20)

Ki K p

Thus 12iK bP and 22pK bP

Now transfer function of the system including the controller and the plant is (OLTF):

i
p

aol

K
K b

s
P

s a

  
 


=

( )
p ibK bK

s s a




(4.21)

Close loop transfer function (CLTF) for the system is:

( )

bK s bKp iPacl s s a bK s bKp i




  
(4.22)

 2 ( )

bK s bKp i
Pacl s s a bK bKp i




  

A standard second order closed loop system is now chosen as:

2

2 2. .
2

nclT F
s sncl ncl


 



 
(4.23)
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Where  andncl  are closed loop frequency and damping factor of the standard second

order system respectively.  For this second order closed loop system, we have:

0 1

21 2
A

ncl ncl

 
 
    

0

21B
ncl

 
 
 
 

 1 0 1C 

We also have:

11 12

12 22

P P
P

P P

 
 
 
 

,
011

0 22

Q
Q

Q

 
 
 
 

,  1R 

From equation (4.22) we have the characteristic equation of our second order plant and

controller system as:

2 ( ) 0s s a bK bKp i    (4.24)

And we have the characteristic equation of the standard second order system as:

2 22 0s sncl ncl    (4.25)

Comparing the above two equations, we find:

2
nclKi b




……… (3.88)        and
22 anclK p b





(4.26)

As, 12iK bP and 22pK bP

Therefore, comparing the above relations, we have

2

12 2
nclP
b




(4.27)
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And
2

22 2

anclP
b





(4.28)

Now, we have the ARE as:

1 0T TA P PA Q PBR B P    (4.29)

We solve for TA P PA :

0 1 0 111 12 11 12
0 012 22 12 22

T P P P P
TA P PA

a P P P P a

      
                  


0 11 12

2 211 12 12 22

P aP

P aP P aP

 
 
   

(4.30)

Also, we solve for 1 TPBR B P :

 
011 12 11 121 0

12 22 12 22

P P P P
TPBR B P b

P P b P P

                 
…….. considering R=1

 2 2
12 22

0 011 12

12 22

P P

b P b PP P

  
     

As, 12iK bP and 22pK bP , putting these values in above equation and then solving, we

get:

12 121

22 12

P bK P bK piTPBR B P
P bK P bK pi

   
 
 

(4.31)

Putting the values of equation (4.30) and (4.31) in equation (4.29) and then solving, we have:

012 12 11 12 11
2 2 022 11 12 22 12 22 22

P bK P P aP Qi
P bK P aP P bK P aP Qpi

    
   
         

Therefore comparing LHS and RHS we get,

11 12Q P bKi (4.32)
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2 222 22 12 22Q P bK P aPp   (4.33)

(1 )11 12P a P  (4.34)

Putting the value of 12P and 22P in above eq,

2(1 )

11 2

a nclP
b






22

11
nclQ
b

 
 
 
 



 2 2 24 2

22 2

ancl
Q

b

 


 

We now select the values of the closed loop frequency and the damping factor according to

the desired response:

0.90

10ncl 

B. Results of controller design:

All the equations are programmed in MATLAB and the values of a and b were given.  Finally

MATLAB calculated the following results:

130.4333036084530 0
Q =

0 1.6157997135841

 
 
 

23.477994649521548 1.304333036084530

1.304333036084530 0.230249997860894

 

P
 

  
 

And the controller gain was obtained as:

    11.420740063956147 2.016068981269987K 



Chapter 3: Optimal Controller Design

Page | 76

Therefore Proportional gain K p = 2.016068981269987

And integral gain Ki  11.420740063956147

Therefore the optimal values of PI controller have been obtained which is to be used in the

Speed Control loop of the field oriented control structure for an induction motor.

4.3 RESULTS AND DISCUSSIONS:

A. Results obtained by using the designed controller with the reduced first order

system:

PI controller of the outer speed loop (that is designed using LQR technique) is used with the

nominal reduced order system and the results were observed. Figure 29 shows the simulation

of the said system

The simulation in figure 29 shows a response curve as given in figure 30. For this purpose, a

speed reference in the form of a step signal of magnitude 60 was given as input. The error

signal which is the difference of this reference speed and the actual speed is then fed to the

designed optimal PI controller. Output from the optimal controller is fed to the first order

system. The response of the output is then observed in figure 30.

Figure 29 Simulation of Reduced First Order System response with the designed controller

.
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Figure 30 Zoomed view of the response of the first order system with the designed optimal controller

It can be stated from figure 30 that the proposed controller provides an overshoot of about 9

rad/sec and settles at about 0.5 seconds. Therefore it can be said that the rise time of the

system is fast and the response is stable. Thus the system provides satisfactory transient

steady state response.

B. MATLAB simulation results:

The proportional and integral gains of the controller obtained above were put in the PI

controller for speed control loop of IFOC structure for induction motor. The following

response curves were then observed:
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Figure 31. Reference speed profile and actual speed of optimal IFOC induction motor.

Figure 32 Electromagnetic torque of optimal IFOC induction motor.
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Figure 33 Zoomed view of the stator currents of optimal IFOC induction motor.

C. Discussions on results:

The speed controller of the IFOC induction motor produced an overshoot for the speed

response as the speed increased from zero to the required value. This overshoot was of the

order of 20-25rpm. Such an overshoot is undesirable for many applications. Therefore it is

necessary to reduce this initial overshoot while maintaining effective tracking of reference

speed by the actual speed. From figure 29 above, it can be observed, that with the use of the

optimal speed controller, the initial overshoot is now greatly reduced.

The other response curves of torque and stator current were also found to be satisfactory.
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Chapter 5

Parametric Robustness

5.0 Introduction

In this chapter, bounded parametric uncertainties have been considered and their results and

effects have been incorporated into the IFOC induction motor system. These results have

been simulated using interval laboratory and then finally a robust controller has been

designed for the speed control loop of the Vector Controller

5.1 Bounded parametric uncertainties:

Indirect Field Oriented Control requires use of a machine model in order to calculate the field

angle. But, the parameters of the machine model change due to various operating conditions

[5]. A variation of these parameters affects the dynamic response as well as the transient

response of the control scheme. Such a variation of parameters causes a mismatch between

the vector controller and the induction machine. This mismatch results in a coupling between

the flux and the torque producing channels of the machine. This has various consequences

[3]:

 The rotor flux linkages deviate from the commanded values

 Therefore the electromagnetic torque deviates from the commanded value thereby

producing a nonlinear relationship between the actual torque and the commanded torque.

 Oscillations are caused during torque transients, both in the rotor flux linkages and in

torque responses, and have a settling time equal to the rotor time constant.

The above effects make system performance undesirable in various applications. For example

in electric vehicles, deviations in electromagnetic torque and commanded torque and a

nonlinear relationship between them is not acceptable. Therefore the effects of such

parameter variations need to be studied.
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A. Types of bounded parametric uncertainties:

There are primarily three phenomenon for parametric variations of an induction motor. They

are:

 Changing operating conditions like temperature rise

 Changes in operating condition like saturation

 Wrong instrumentation of parameters in Vector Controller.

Of these, the last phenomenon is controllable while the former two are uncontrollable.

Therefore in our study, we consider the two uncontrollable phenomenon that cause parametric

uncertainties.

1. TEMPERATURE RISE:

It has been observed and stated in [3], [5] that the practical temperature excursion of the

motor is approximately 130 above ambient. This increases the rotor resistance by 50% over

its ambient or nominal value. Therefore the rotor resistance can change from their nominal

value to 1.5 times of the nominal value.

2. SATURATION:

Magnetic saturation can decrease the self-inductance of the motor to 80% of the nominal

value. Again, operation of the induction motor in the linear region of the B-H curve can

increase the self-inductance to 1.2 times the nominal value. Thus self-inductance can change

from 0.8 times of the nominal value to 1.2 times of the nominal value. i.e. 80% to 120%

variation is possible in this case.

It is to be noted that the above variations were considered at stator currents not exceeding

twice the rated value. Combining the above two conditions we obtain four operating points of

the motor. They are:

A. When the motor is operating at linear flux region and ambient temperature. Here, rR is

equal to nominal value and Lm is equal to 1.2 times the nominal value. hence ,R Rr r


and 1.2L Lm m
 .
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B. When the motor runs in linear flux region and 130 above ambient temperature. Thus,

we have 1.2R Rr r
 and *1.2L Lm m .

C. When the motor runs in magnetic saturation region and ambient temperature. Hence we

have *R Rr r and *0.8L Lm m .

D. When the operating conditions are Magnetic saturation region and 130 above ambient

temperature. We have *1.5R Rr r and *0.8L Lm m

The above conditions incorporate all possible operating conditions for an induction motor

upto 130 above the ambient temperature and any region of flux wave (B-H curve).

5.2 Interval Laboratory:

It is required to obtain the first order reduced model of the plant for each of the above

conditions mentioned in the previous section. Thereafter, the variations of each parameter

will be studied. This is a laborious job is carried out manually as each relation pertaining to

all of the four scenarios needs to be considered independently. Also, the coupling between the

various parameters mean minimum or maximum values of one parameter is greatly dependent

on other parameters. At this juncture, INTLAB, a tool which can be used with MATLAB and

has the distinct advantage of providing rigorous bounds for the exact solution [29], provides a

solution to effectively calculate the effects of the variations of parameters to the actual

system.

The concept of interval analysis is to compute with intervals of real numbers in place of real

numbers. An application is when some parameters are not known exactly but are known to lie

within a certain interval; algorithms may be implemented using interval arithmetic with

uncertain parameters as intervals to produce an interval that bounds all possible results.

If the lower and upper bounds of the interval can be rounded (rounded down and rounded up

respectively) then finite precision calculations can be performed using intervals to give an

enclosure of the exact solution [29].
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The idea of bounding rounding errors using Intervals was introduced by several people in the

1950s, but the real interval analysis and its use began with Moore’s book in 1966. Siegfried

M. Rump showed that by expressing intervals by the midpoint and radius, interval arithmetic

can be implemented entirely using Basic Linear Algebra Subroutines (BLAS). Using these

findings, Rump produced the MATLAB toolbox INTLAB.

Notations:

Intervals are represented here with brackets “[]”  defined by an upper bound and a lower

bound. Underscores are used to denote lower bounds of intervals and overscores are used to

denote upper bounds.

A. Real Interval Arithmetic:

A real interval x is a nonempty set of real numbers

[ , ] { : }x x x x R x x x    

Where x is called the infimum and x is called the supremum. The set of all intervals over R is

denoted by “ ” where

 ={[ , ] : , , }x x x x R x x 

The midpoint of x ,

 1
mid(

2
x)= x = x x

And the radius of x

 1
rad( ) =

2
x x x

Elementary interval arithmetic operations are implemented with:
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[ , ]

[ , ]

[min{ , , , }, max{ , , , }]

1 1 1
[ , ]    if > 0 or  < 0

1
=

x y x y x y

x y x y x y

x y xy xy xy xy xy xy xy xy

x x
x x x

x y x
y

   

   

 



 

[29]

For the elementary interval operations, division by an interval containing zero is not defined.

It is often useful to remove this restriction to give what is called extended interval arithmetic.

Division rules for INTLAB using extended interval arithmetic is as follows:

[ / , ]                             if   and

[ , / ] [x/ y, ]         if   and

[ , / ]                          if  0

[ . ]                               if

[ , / ]

x y x 0 y=0

x y x 0 y<0<y

x y x 0 and y
x

x 0 x
y

x y

 

  

   




  






≤

                         if  0 and 0

[ , / ] [ / y, ]        if  0 and

[ / , ]                            if  0 and 0

x y

x y x x y<0<y

x y x y







  
 


 

  


[29]

The addition and subtraction of infinite or semi-infinite intervals are the n defined by the

following:
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[ , ] [ ] [ , ]

[ , ] [ , ] [ , ]

[ , ] [ , ] [ , ]

[ , ] [ , ] [ , ]

[ , ] [ , ] [ , ]

[ , ] [ , ] [ , ]

x x y x y

x x y x y

x x

x x

x x y x y

x x y x y

    
  

   
   
   
   

 
 

   
   
 
 

B. INTLAB toolbox:

Real intervals in INTLAB are stored by the infimum and supremum, whereas complex

intervals are stored by the midpoint and radius. However, this is not seen by the user.

Intervals may be entered using either representation. For example the interval x= [1;1] is

entered using infimum and supremum as

>> x = infsup(-1,1);

but the same interval could be entered using the midpoint and radius as

>> x = midrad(0,1);

Since complex intervals are stored as a circular region using the midpoint and radius it is

more accurate to input such intervals in this way. For example the circular region with

midpoint at 1 + i and radius 1 is entered using

>> y = midrad(1+i,1);

If a rectangular region is entered using the infimum and supremum then the region is stored

with an overestimation as the smallest circular region enclosing it. The infimum is entered as

the bottom left point of the region and the supremum is the top right point. The region with a

infimum of 1 + i and a supremum of 2 + 2i is entered as

>> z = infsup(1+i,2+2i);

However, it is stored by the midpoint and radius notation as

>> midrad(z)

intvalz =
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<1.50000000000000+ 1.50000000000000i,0.70710678118655>

C. Reduced first order transfer functions considering parametric

variation:

The derivation for calculating the reduced order systems and the robust controller design have

been programmed in MATLAB using INTLAB toolbox. The results of reduced first order

transfer function considering parametric variation are:

1. Nominal system is obtained as:

8.756

----------

s + 0.3473

2. Case-1 When the motor is operating at linear flux region and ambient temperature

8.595

----------

s + 0.3412

3. Case-2 When the motor runs in linear flux region and 130 above ambient temperature:

8.594

----------

s + 0.3412

4. Case-3 When the motor runs in magnetic saturation region and ambient temperature:

8.829

----------

s + 0.3501

5. Case-4 When the operating conditions are Magnetic saturation region and 130 above

ambient temperature:
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8.891

----------

s + 0.3525

5.3 Robust Controller Design:

We extend the derivations and results of the optimal controller for designing the robust

controller. We consider a 10% variation in the damping factor and the closed loop frequency.

Thus, we have

[0.81,0.99] ,

And [9,11]ncl 

Now, it is our aim to replace the nominal system by an interval system and use the optimal

controller already designed such that the controller remains an optimal controller for the

corresponding interval system. For this, we refer to the following theorem [18]:

Here, the nominal system is given by : 0
0

0

b
P (s) = s+a

While the interval system is given by:

b
P

s a



where [ , ]a a a and [ , ]b b b

Now, we have 0b b  and calculating  from the results of last section, we have

[0.9814984,1.0154179]

Form the results of the previous section, we form the intervals a and b as:

[0.3412,0.3525]a 

[8.594,8.891]b 

And our nominal values for a and b are:



Chapter 5: Parametric Robustness

Page | 88

0.3473a  and 8.756b 

Therefore the range of change in the values can be expressed as:

[ 0.0061,0.0052]a  

[ 0.162,0.135]b  

Thus,
0 1

0
A

a

 
    

and
0

B
b

 
    

Hence,

0A A A  

0B B B 

where 0A and 0B are the nominal values of the A and B matrix of the nominal system.

Let 11 12

12 22

P P
P

P P

 
  
 

be the solution to the ARE

1 00 0 0 0 0 0
T TA P PA Q PB R B P   

Then we have

11
0

0 0

KiP
b

P
KK pi

b b

 
 
 
  
 
 
 

Now if P P P  be the solution of the equation

1 0T TA P PA Q PBR B P      

Now, if the controller is same for both the systems, then

1 TR B P K 
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    11 120 0
12 22

P P
b b K K piP P

 
   
 
 

Now, we know 0 0b b b  

So,    11 120 0
12 22

P P
b K K piP P

 
  
 
 



    0 12 0 22b P b P K K pi 

Hence, 0 12b P Ki

12
0

KiP
b




22
0

K p
P

b




Therefore, P becomes:

11 11
0

0 0

KiP P
b

P
KK pi

b b

 
  

 
  
 
 
 




 

Now, we calculate TA P PA 

Putting the values of A and P in the above equation, we have:

11 12

11 12 12 22

0

2 2
T P aP

A P PA
P aP P aP

 
   

  

 
 

   

And from the ARE,

1 ( )T TQ PBR B P A P+ PA     
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we obtain :

012 0 12 0 11 12 11
2 2 022 0 11 12 22 0 12 22 22

P b K P b K P aP QpiQ
P b K P aP P b K P aP Qpi

    
    

        

    


     
 

 

Thus,

We find
4

11 2
0

nclQ
b

 

And, 2 2 222
0 0

K Kp iQ K ap b b
  

 


   

2 22 220 222 02 2
0 0 0

a ancl nclQ anclb b b


   

 


 

From the above relations, the values of Q are calculated.

The nominal PI controller designed for the nominal system remains an optimal controller for

the interval plant and it produces a closed loop system with poles in regions of the complex

plane given the intervals of  and ncl , if the condition Q 0 is satisfied over the entire

convex box of a and b.

The positive semi definiteness of the matrix over the entire convex box of a and b can be

tested by using the results established in [15]. It is established in [15] that for a symmetrical

interval matrix such as Q , if

1
( )

2
Q Q Qc

    

And  1

2
Q Q Q     
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Then Q is a positive semi-definite for the interval [ , ]Q Q   if

( ) ( )min Q Qc
  

For a given Q , the matrices Q and Q are computed using the functions inf( Q ) and sup( Q

respectively using INTLAB

5.4 RESULTS:

A. Matlab Results and proof of robustness:

The above controller design is programmed in MATLAB using INTLAB to compute the

interval arithmetic involved. The following results were then obtained:

130.433 0

0 32.86526741

130.433 0

0 32.7658343770

130.433 0

0 32.815550

0 0

0 0.0497165

Q

Q

cQ

Q

    
 

    
 

 
  
 

    
 









Also,

( )min Qc
 =32.81

And

( )Q =0.0497

Thus the relation
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( ) ( )min Q Qc
   holds.

Hence, the optimal controller designed for the nominal system is capable of providing desired

response for the entire convex box of the interval system
b

P
s a



where [ , ]a a a and

[ , ]b b b and therefore it is a robust controller which can take into account the effects of

bounded parametric uncertainties arising out of operating conditions of the motor.

B. Simulation results using the proposed controller taking into account the maximum

and minimum parameter variations and discussions on results.

For the purpose of study of the performance of the robust controller, out of the four transfer

functions for the four conditions, the minimum and the maximum, i.e. the infimum and the

supremum is selected. Then the response for the nominal system, the infimum system and the

supremum system is observed when the proposed controller is added. The simulation of the

said scheme is given in figure 34.
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Figure 34 Simulation of the systems with minimum, zero and maximum parameter variation using the

proposed controller.

The above scheme consists of each of the four transfer functions (for each condition of

paramteric uncertainty considered in previous discussions) and a unity speed feedback with

the proposed optimal PI controller. The outputs of the responses are then studied and

presented in figure 35..
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Figure 35 zoomed view of the responses of the interval system to a speed input(step) of 60 rad/sec

The above figure shows that the nominal system response lies in between the infimum and

supremum system responses. All three responses are almost identical, though on

magnification, each can be individually traced. The nature of the responses are same. Rise

time is quite fast and the systems settle at about 0.5seconds. From this figure we can say that

throughout the interval, the system response is fast and stable5

C. Results obtained by subjecting the simulink of the IFOC system to paramteric

uncertainties and a brief discussion.

The IFOC system developed and designed in Matlab/Simulink is subjected to paramteric

uncertainties. The maximum and minimum values of the parameters are put in the simulation

and results are obtained. The responses are then studied.
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Figure 36 speed response of the IFOC system with minimum system parameters. i.e. Infimum system

Figure 37 speed response of the IFOC system with nominal system parameters. i.e. Nominal system



Chapter 5: Parametric Robustness

Page | 96

Figure 38. Speed response of the IFOC system with maximum system parameters. i.e. Supremum system

Discussions:

It can be observed and stated from the above responses that the proposed controller is

capable of maintaining optimal stability throughout the interval. As the controller gives

almost identical results for the infimum, the nominal as well as the supremum system, it can

be concluded that the controller can be used effectively throughout the interval, even with the

maximum and minimum parameter variations. Thus, the designed controller is a robust

controller.
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CHAPTER 6

Real Time Simulation

6.0 Introduction :

Since the advent of modern computers, simulation tools have been widely used by

technologists to design, analyse and modify physical systems according to specific

requirements. With the development of high end computing technologies, simulation tools

have seen marked improvement in terms of performance, and have dramatically decreased in

cost. This has increased acceptance of simulation tools as they can now be used by more and

more researchers. Real time simulation has now been developed which provide marked

improvement in performance and speed.

6.1 Real Time Simulation

A real time simulation is a representation of the operation or features of a system through the

use or operation of another. During discrete time simulation, time moves forward in steps of

equal duration. This is usually called fixed step simulation. In offline simulation, the moment

at which a result becomes available is irrelevant. While performing offline simulation, the

objective is to obtain results as fast as possible.  The system solving speed depends on the

available computation power and the systems mathematical model complexity.
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Figure 39: Real time simulation requisites and other simulation techniques

The figure above [20] shows a) and b) show two possible simulation conditions where the

computation time is either shorter than a fixed time step (shown in a), or the computation time

is longer than the fixed time step. These are cases of offline simulation. But in real time

simulation shown in c) the real time simulator accurately produces the internal variables and

outputs of the simulation within the same length of time that its physical counterpart would.

Moreover, it can stated that the time required to compute the solution at a given time step

must be shorter than the wall clock duration of the time step. Here any idle time preceding or

following the simulator operation is lost and the simulator waits for the next time step to

arrive. If in any case the simulator fails to achieve operations within the fixed time step, the

real time simulation becomes erroneous and this phenomenon is termed as OVERRUN [20].

For each time step, the simulator executes a series of operations is the following order:

1. Reads inputs and generates outputs.

2. Solve model equations.

3. Exchange results with other simulation nodes.
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4. Waits for the next step.

Recently, solutions to stability and timing issues have been proposed that include discrete

time compensation techniques. Modern simulators are equipped with cutting edge technology

advanced I/O cards that run at a much faster sampling rate than fixed step simulation. They

can read state changes in between simulation steps. Then when the next time step arrives, the

I/O card besides passing state information on to the simulator also passes timing information

as to when the state change occurred. Finally the simulator can compensate for the time error.

6.2 Various types of Real Time simulations:

The various types of simulations that can be performed by modern simulators are:

A. Rapid Control Prototyping (RCP)

In this kind of an application, the plant controller is implemented using a real time simulator

and is connected to a physical plant. Such a controller provides more flexibility, is faster to

implement and easier to debug. Such a technique a controller to be tested even before it is

physically made, thereby making decisions on feasibility of the controller much simpler.

B. Hardware In the Loop (HIL)

In Hardware in the Loop simulation, there is a physical controller which is to be connected to

a virtual plant, while the virtual plant is executed on a real time simulator. There is absence of

any physical plant. HIL possesses all the advantages of RCP with a few added benefits. HIL

allows early testing of controllers when physical test benches are not available. Moreover

such ta technique provides great flexibility as controllers and plants can be separately

produced and testing of controller is possible with a virtual plant. It also provides for testing

conditions that are unavailable on real physical plants such as extreme testing.
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C. Software In the Loop (SIL):

Software in the Loop is a step beyond RCP and HIL. It requires a powerful simulator that can

simulate both the controller and the plant. This has great implications on engineering and

scientific domain as no inputs or outputs are used and thus signal integrity is preserved. As

both the plant and the controller operate within the simulator, it can be faster or slower than

real time. Thus an SIL simulation can be made to perform accelerated simulation.

6.3 OPAL RT OP 4500:

OPAL RT OP4500 is a real time simulator manufactured by OPAL RT labs. It is a state of the

art simulator, a compact device with 96 fast I/O channels with signal conditioning, fast 5-

Gbits fiber optics and is fully integrated with Simulink and SimPowerSystems. The

integration of high end INTEL multi core processors with powerful XILINX Kintex 7FPGA

allows greater simulation power and sub microsecond simulation time steps to maximise

accuracy of fast power electronic systems.

Opal RT has 32 analog inputs and 16 analog output channels . the other specifications are

shown below [30]:

Table 3 OPAL RT OP4500 specifications. (source: OP4500 Datasheet, OPAL RT labs)

Power supply Universal input and active power factor correction

FPGA Xilinx Kintex-7 FPGA, 325T, 326000logic cells, 840 DSP slice

computer SuperMicro, 4GB RAM, One Intel 4 core CPU, 2.5 or 3.3GHz,

solid state hard disk 125 GB

Fast Optical Interface 4 sockets for optional Small Form Factor Pluggable 1 to 2Gbits/s

optical cable pairs

Software Compatibility RT-LAB Multiprocessors Platform, LINUX, Simulink, RTW,

SimPowerSystems, SimScape, ARTEMIS, RT-

EVENT,HYPERSIM,and several third party software compatible

with Simulink.
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FPGA XILINX System Generator for Simulink, RT-LAB XSG, eHS

FPGA electrical circuit solvers, library of floating point

functions, resolvers and Finite-Element based motor models and

converters.

Performance Minimum time step of 8 microseconds for model

subsystemsexecuted on the INTEL CPU and 250 nanoseconds for

models executed on the FPGA chips, 100 nanosecond timer

resolution

Dimensions 43.2(W)*27.4(D)*8.9cm(H)

Figure 40. Analog output ports and connection diagrams for Opal Rt OP 4500 series 100
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6.4 Simulation and results using OPAL RT OP4500 (on line simulation):

The plant and the controller were designed in Matlab Simulink and was run using OPAL RT

OP 4500. This was basically a Software In the Loop (SIL) simulation as both the plant and

the controller were simulated in the simulator itself. The following responses were observed:

1. Actual and reference speed

2. Zoomed view of actual and reference speed

3. D axis flux component

4. Electromagnetic torque

The results obtained are as follows:

Figure 41. Reference and Actual electrical speeds of the motor
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Figure 42 Zoomed view of the actual and reference electrical speed of the motor

Figure 43. d axis flux of the motor
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Figure 44. Electromagnetic torque of the motor

6.5 Discussion on results:

The figures in the previous section show the performance responses of the Indirect Field

Oriented Controlled Induction Motor in terms of tracking a reference speed profile and

maintaining a constant d axis field flux( effectively matching the given reference of

0.075Wb). Finally the electromagnetic torque response is also studied.

Case 1- during initial starting:

It is seen that during the initial starting of the motor, the speed increases from zero to meet the

given reference speed. A small overshoot is observed which is again minimized by the use of

a robust optimal PI controller for the speed control loop of the FOC structure. Initially the

motor runs at no load. During this time the torque of the machine should ideally be zero, but



Chapter 5: Real time Software In the Loop Simulation

Page | 105

the presence of some friction and windage torque affects the electromagnetic torque such that

at no load, it has some minimal value in order to meet the frictional torque

Case 2- Motor Speed and torque response after application of external torque:

After 2 seconds of motor operation, a load torque (applied in the form of a step input of

35Nm) is applied to the motor to study the effects of sudden load torque on stability of the

system. It is observed the system is able to maintain stability and after a very short duration of

decrease in speed, the actual speed again rises to track the reference speed. This dip in the

speed is due to the fact that with the application of load, the electromagnetic torque has to

increase in order to meet the new demand. With application of load, the motor now draws

more current from the supply. As the electromagnetic torque developed increases, it becomes

able to meet the friction torque as well as the externally applied torque, the speed of the motor

rises again to meet the reference speed.

Case 3- Steady state operation of the motor:

Even after the electromagnetic torque reaches a steady state and is able to meet the total

torque demand, some oscillations are observed in the torque. This is because of the fact that

the externally applied reference speed profile that the motor has to track is varying in nature.

Thus the electromagnetic torque shows some variations such that the motor efficiently tracks

the reference speed. Hence, Indirect Field Oriented Control of an Induction Motor along with

a Robust Optimal PI controller designed using LQR method and observed using OPAL RT

real time simulator performs satisfactory operation and can handle parametric variations.

.
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Chapter 7

Conclusion and Scope of Future Work:

7.0 CONCLUSION:

In the present dissertation, the steady and the transient performance of a three phase

squirrel cage induction machine has been studied in offline mode i.e. in Matlab/Simulink

and in real-time scenarios i.e. in Opal RT OP4500. For the purpose of independent control

of torque and flux, the Field Oriented Control has been adopted. The said control strategy

comes with an outer loop speed controller and inner loop coupled current controllers. For

the design of outer loop speed controller, the entire control logic is represented is block

diagram and is then reduced into a second order transfer function. The second order

model is then model order reduced into first order system for the design of PI controllers.

Under the various operating conditions, the motor parameters usually vary and hence

these bounded parametric uncertainties can be represented as an interval system.

Thereafter, a modern optimal control strategy, namely Linear Quadratic Regulator has

been used to design a robust speed tracking controller under the circumstances of bounded

motor parameter uncertainties. The robust controller accomplishes the task of perfect

speed tracking under various operating conditions. The competence of the designed

control strategy has been validated both in Matlab/Simulink based offline simulation and

Opal Rt based real-time simulation platforms.

7.1 SCOPE OF FUTURE WORK:

This work was carried out in view of applications of induction motor in the automotive

industry. Four wheel or two wheel driven vehicles are now much popular which require

individual motor for each wheel or a set of wheels. This work can be extended to a four

wheel or two wheel driven vehicle where it can be used to drive one wheel or a set of two

wheels respectively. Such a scheme would then need proper synchronization between the

motors used. For such an application, CAN communication based DSP control techniques
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can be adopted that can provide synchronization of the motors. Moreover electric vehicles

would need to replace the mechanical differential with electronic differential schemes.

Implementation of such a scheme would mean that the mechanical drives can be replaced

by electrical drives. This will result in efficient use of energy along with providing a

solution to the emerging global challenge of vehicular pollution.
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Appendix-1 
Matlab simulation of induction motor 

 



Matlab simulation of induction motor



Appendix-2
Matlab simulation of IFOC Induction Motor
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